SCHRIFTENREIHE DES FACHBEREICHS MATHEMATIK

Current State of Research
on Mathematical Beliefs IV

Proceedings of the MAVI-4 Workshop
Gerhard-Mercator-University Duisburg
April 11-14, 1997

edited by
Gilinter Torner

SM -DU - 383 1997




Eingegangen am 30.07.1997

Editor's Statement iii

Editor’s Statement

The papers in this volume — which was prepared by the Finnish-German research group
MAVI (MAthematical Vlews on beliefs and mathematical education) — contain the abstracts
of talks given at the fourth workshop on “Current State of Research on Mathematical Beliefs”.
The conference took place at the Gerhard-Mercator-University of Duisburg on April 11-14,
1997. The aim of this research group, being the initiative of my colleague Erkki Pehkonen
and myself, is to study and examine the mathematical-didactic questions that arise through re-
search on mathematical beliefs and mathematics-education.

The next workshop will take place at the University of Helsinki on August 22-25, 1997.

A bibliography containing more than 750 titles around mathematical beliefs has been pub-
lished by the MAVI group:

Tomer, G. & Pehkonen, E. (1996). Literature on Mathematical Beliefs. Schriftenreihe
des Fachbereichs Mathematik, Preprint Nr. 341. Duisburg: Gerhard-Mercator-
University.

Again, the initiators would like to encourage all interested colleagues to join our network
and to participate in our activities.

Duisburg, April 1997 Gunter Torner
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Peter Berger

Designing Qualitative Research

Experiences and Suggestions

Introduction

This paper contains some reflections on qualitative social research, based on the author’s
own experience with investigating the belief systems of teachers concerning computers and
computer science applying qualitative methods. The aim of the paper is far beyond providing
a comprehensive overview of qualitative methodology or a philosophy of the ‘qualitative
paradigm’. It is rather aimed at giving some suggestions that might be useful to a novice re-
searcher planning his or her doctoral dissertation within the framework of qualitative re-
search. The interested reader is referred to the publications by Tesch (1990), Lincoln & Guba
(1985) and Mayring (1993).

What is qualitative research? At present, the only generally accepted statement seems to be
that “qualitative research means different things to different people” (Tesch) and there is little
evidence that this will change in near future. What we can say, is “that since the 1970’s more
and more researchers have become interested in a ‘new paradigm’ that moves us away from
numbers and back to asking people questions and to observing” (Tesch). Although differently
labelled as qualitative, naturalistic, ethnographic, interpretative, phenomenological, subjec-
tive, hermeneutic, etc., these approaches share certain basic beliefs about the status and func-
tion of research in the human sciences and about how it should be done. It is possible to un-
derstand these basic beliefs by having a look at their antagonist positions, i.e. the ‘quantita-
tive’ and the ‘positivist’ positions.

Aspects of the ‘qualitative paradigm’

The transition from the pre-scientific to the scientific period at the end of the Middle Ages
may be described as a change of the ways in which questions were answered. To get answers,
more and more people preferred putting questions to nature rather than to authorities such as
Aristotle and Albertus Magnus. The success of the new empirical approach, i.e. analysing
nature by disassembling and dissecting, which vigorously changed even the thinking about
the nature of reality and knowledge, owed a great deal to the power of quantitative methods,
i.e. modelling reality by counting and measuring. Under the leading metaphor of numbers,
mathematics in a long process changed its role from a successful instrument to the actual
‘language of knowledge’, a generally accepted epistemological authority. In fact, during the
development of the natural sciences, the original empirical paradigm was more and more
shaped to be a quantitative paradigm.

The ‘objectivity” of the results gained in the natural sciences also incited, from an early
stage onwards, the human sciences to imitate the successful model and to assimilate their own
paradigms. With the one exception of anthropology, many researchers in human sciences for
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a long time believed only those phenomena to be explorable and accessible to scientific in-
vestigation that could be measured. While the only accepted non-numerical instruments had
been the ‘case studies’ in psychology and the ‘participant observations’ in sociology, most
work had been done by applying the tool kit of statistics.

Unfortunately, not many phenomena in the human world come naturally in quantities. [...] Sigmund
Freud discovered plenty about the way human beings function, and so did Jean Piaget. Neither of them
tested hypotheses, or used large and representative enough samples of people to satisfy the rules of statis-
tics. Yet they both made important assertions about human beings and created many psychological con-
structs for use in the description of their theories. Freud employed a perplexingly simple way of finding
out why people acted and thought or felt the way they did. He asked them. Sometimes they didn’t know.
Or they were ashamed to tell, or they were afraid to acknowledge the matter to themselves. So Freud ob-
served. [...] When we ask questions about human affairs, the responses come in sentences, not numbers.

(Tesch 1990, pp.1-2)

On a methodological level, qualitative research can be defined as non-quantitative re-
search. Here, analysis is the descriptive and interpretive process of making sense of ‘number-
less’ data, which we may call narrative or textual. While quantitative research is based on the
‘monolithic concept” (Tesch) of statistics, qualitative research has a wide spectrum of non-
codified procedures developed by psycholinguistics, communication research, educational
psychology, and cognitive science.

Basic beliefs about ...
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The authors point out that in natural or human sciences research “has passed through a
number of paradigm eras, periods in which certain sets of basic beliefs guided inquiry in
quite different ways”. The main periods are called the pre-positivist era, ranging over a period
of more than two thousand years from Aristotle to David Hume, the positivist era, and the
post-positivist era. From today’s perspective, the mere titles of the periods illustrate the per-
vasiveness and predominance of the positivist approach.

Critics always owe a great deal of their ideas to what they criticise, and even the followers
of a new paradigm should be aware that they are ‘standing on the shoulders of giants’, i.e. on
those of the successful adepts of the old paradigm. '

Characteristics of qualitative research

Tesch (p.2) points out that “conducting scientific investigations is not a matter of following
recipes. Research does not take place in a neutral environment. It is guided by assumptions
about the nature of knowledge, and it has political antecedents and consequences.” As impli-
cations of the post-positivist axioms for doing research, Lincoln & Guba (pp. 39-43) list
fourteen characteristics of operational qualitative (naturalistic) research. the central aspects of
which will be quoted in the following:

Natural setting. N (the naturalist) elects to carry out research in the natural setting or context of the entity
for which study is proposed because naturalistic ontology suggests that realities are wholes that cannot be
understood in isolation from their contexts, nor can they be fragmented for separate study of the parts (the

Positivist Paradigm

Naturalist Paradigm

the nature of reality

the relationship of the
knower to the known
the possibility of gener-
alisation

the possibility of causal
linkages

the role of values

Reality is single, tangible, and
fragmentable.

Knower and known are inde-
pendent, a dualism.

Time- and context-free gener-
alisations (nomothetic state-
ments) are possible.

There are real causes, tempo-

rally precedent to or simulta-
neous with their effects.

Inquiry is value-free

Realities are multiple, con-
structed, and holistic.

Knower and known are inter-
active, inseparable.

Only time- and context-bound
working hypotheses (idiogra-
phic statements) are possible.

All entities are in a state of
mutual simultaneous shaping,
so that it is impossible to dis-
tinguish causes from effects.

Inquiry is value-bound.

Table 1. Positivistic vs. qualitative (naturalist) basic beliefs (Lincoln & Guba 1985)

whole is more than the sum of parts); [...]

Human instrument. N elects to use him- or herself as well as other humans as the primary data-gathering
instruments (as opposed to paper-and-pencil or brass instruments) because it would be virtually impossi-
ble to devise a priori a nonhuman instrument with sufficient adaptability to encompass and adjust to the
variety of realities that will be encountered; [...]

Utilization of tacit knowledge. N argues for the legitimation of tacit (intuitive, felt) knowledge in addition
to propositional knowledge (knowledge expressible in language form) because often the nuances of the
multiple realities can be appreciated only in this way; [...]

Quair‘tative methods. N elects qualitative methods over quantitative (although not exclusively) because
they are more adaptable to dealing with multiple (and less aggregatable) realities; [...]

Purposive sampling. N is likely to eschew random or representative sampling in favour of purposive or
theoretical sampling because he or she thereby increases the scope or range of data exposed (random or
representative sampling is likely to suppress more deviant cases); [...]

Inductive data analysis. N prefers inductive (to deductive) data analysis because that process is more
likely to identify the multiple realities to be found in those data; because such analysis is more likely to
make the investigator-respondent (or object) interaction explicit, recognisable, and accountable; [...]

Grounded theory. N prefers to have the guiding substantive theory emerge from (be grounded in) the data
because no a priori theory could be possibly encompass the multiple realities that are likely to be en-
countered; [...]

From a pragmatic point of view, qualitative research may be seen as a widening of the rep-
ertoire of research instruments and perspectives rather than as a change in research paradigms.
And in fact, analyses are often performed by combining quantitative and qualitative methods.

From a more rigid philosophical point of view, however, there is every indication that the
appearance of qualitative approaches complies with the characteristic features of a general
change in research paradigm. Lincoln & Guba describe, from ontological and epistemological
perspectives, the qualitative (naturalist) paradigm as a post-positivist paradigm with a funda-
mental change of basic beliefs about the nature of reality and of knowledge (cf. Table 1).

Emergent design. N elects to allow the research design to emerge (flow cascade, unfold) rather than to
construct it preordinately (a priori) because it is inconceivable that enough could be known ahead of time
about the many multiple realities to devise the design adequately; [...]

Negotiated outcomes. N prefers to negotiate meanings and interpretations with the human sources from
which the data have chiefly been drawn because it is their constructions of reality that the inquirer seeks
to reconstruct; [...]

Case study reporting mode. N is likely to prefer the case study reporting mode (over the scientific or
technical report) because it is more adapted to a description of the multiple realities encountered at any
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given site; because it is adaptable to demonstrating the investigator’s interaction with the site and conse-
quent biases that may result (reflexive reporting); [...]

Idiographic interpretation. N is inclined to interpret data (including the drawing of conclusions)
idiographically (in terms of the particulars of the case) rather than nomothetically (in terms of lawlike
generalisations) because different interpretations are likely to be meaningful for different realities: [---]

Tentative application. N is likely to be tentative (hesitant) about making broad application of the findings
because realities are multiple and different; [...]

Focus-determined boundaries. N is likely to set boundaries to the inquiry on the basis of the emergent fo-
cus (problems for research, evaluands for evaluation, and policy options for policy analysis) because that
permits the multiple realities to define the focus (rather than inquirer preconceptions); [...]

Special criteria for trustworthiness. N is likely to find the conventional trustworthiness criteria (internal
and external validity, reliability, and objectivity) inconsistent with the axioms and procedures of natural-
istic inquiry. Hence he or she is likely to define new (but analogous) criteria and devise operational pro-
cedures for applying them. [...] it is worth noticing that the conventional criterion of internal validity fails
because it implies an isomorphism between research outcomes and a single, tangible reality onto which
inquiry can converge; that the criterion of external validity fails because it is inconsistent with the basic
axiom concerning generalizability; that the criterion of reliability fails because it requires absolute stabil-
ity and replicability, neither of which is possible for a paradigm based on emergent design; and that the
criterion of objectivity fails because the paradigm openly admits investigator-respondent (or subject) in-
teraction and the role of values.

follow his or her own ways and not to listen to others’ advice. It is a question of economy to
provide a list of subjective research guide-lines by extracting the texts according to personal
needs. Far from being a recipe, such guide-lines may serve as landmarks of orientation. Per-
manent re-arrangements and re-formulations of the list according to the growth and change of
experiences will accompany the research process and establish it as a permanent process of
reflection. The author’s guide-lines took the form of the following ‘decalogue’ (cf. Table 2).

dinosaur belief system

A novice researcher, at the stage of planning his or her own work, will usually be looking
for orientation. Within the framework of quantitative research, orientation will be sufficiently
provided by applying the ‘codified recipes’ of statistics.

I Whatever the research questions may be - all research is focused on and
aimed at subjects, i.e. human beings.

Il The research subjects should be observed in their natural environment.
i All research is based on individual cases.

v Generalisation of results can never be done by applying a general
method; generalisation in any individual case requires individual argu-
ments.

Vv Establishing results in any case requires interpretation.
VI All interpretation must be based on exact and comprehensive description.

Vil The research process has to be open for changing and developing both
the research questions and the research methods.

Vil Each change or development in the research process must be exten-
sively justified and documented.

IX All analysis is constructed by the researcher; all analysis requires an in-
trospection (self-analysis) of the researcher.

X All research is interactive — it changes both the research subject and the
researcher.

Table 2. Personal ‘decalogue’ of qualitative research

fossil interview
excavation video tape
preparation transcription

With qualitative research, however, matters are different as recipes are obsolete. The more
texts on qualitative research the newcomer consults, the more similar but miscellaneous as-
pects will be explicated and the more often he or she will be confronted with the advice to

authentic - fragmentary - present

i
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hypothetical - complete - present

Figure 3. The ‘palaeontology paradigm’

Exploring belief systems by interviews

To start with an anecdote from an interview with a teacher: “You are teaching both
mathematics and computer science. Do you prefer one of those subjects?” — “No. Definitely
not. No.” The respondent seemed to have a clear self-concept as a teacher. With a question-
naire, things might have been clear at this point, however, it was an interview and after giving
a detailed explanation of his view of the two subjects for about ten minutes, the respondent
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ended with the remark: “All that you simply can’t do in math classes and that’s why I so tre-
mendously like to teach computer science.”

The teacher apparently did not realise a contradiction, and in fact, there was none. It was
only a normal inconsistency of conscious and subconscious attitudes which became evident,
or in terms of beliefs, between a ‘surface belief” (I do not prefer any of my subjects) and a
‘deeper belief” (I tremendously like to teach computer science).

Interviews provide an appropriate method of gathering data within qualitative research. In
her above quoted statement referring to Sigmund Freud, Tesch emphasised the techniques of
asking and observing. Both are put to use in interviews. Even what the interview partners will
not tell can be made accessible for observation by a thorough discourse analysis.

Exploring belief systems has some analogy with doing research in palaeontology (cf. Fig-
ure 3). What we are looking for, i.e. a person’s belief system, may be authentic and complete,
but it is hidden, just like a dinosaur. The only thing accessible to us is a fossil, an authentic
and present, but fragmentary approximation to the original, an imprint or mark left by the
original. So is the interview. After excavation and preparation, video taping and transcription,
modelling of the original will be possible in some cases by the aid of reconstruction or inter-
pretation. The model that we construct may be complete and present, but unfortunately it will
be hypothetical. The fact that beliefs did not die out is of little help. We will never be able to
lay our hands on a belief, as we will never encounter a dinosaur. They may both be real, but
nevertheless they are just mental constructs.

Data gathering: interviews

Interview-based beliefs research can be organised according to a six-phase model:

Phase 1. Developing research questions

Phase 2. Developing interview techniques (adapting the ‘human instrument’)
Phase 3. Interviews (data gathering)

Phase 4. Transcriptions of the interviews (data processing)

Phase 5. Interpretation (data evaluation)

Phase 6. Writing a paper

According to the research characteristics described by Lincoln & Guba, adapting the hu-
man instrument and allowing the research design to emerge may be realised by an occasional
backtracking between or by the combination of phases. Especially for novice researchers, sub-
structuring the interview phase (or combining phases 1-3) will give way to both refining the
research questions and to improving the interview techniques. With the author’s own research
project, the following sub-structure has proved to be well-suited for the purpose (cf. Figure 4).

The preliminary set of interviews provides the researcher with an empirical basis for de-
signing the main set, i.e. a ‘pool of themes and topics’ and experience of what respondents
will bring up on their own account. It allows to standardise the catalogue of interview ques-
tions of the main set without risking the loss of relevant information. At the same time, it of-
fers the opportunity of training the researcher’s skills in conducting interviews.

Within the framework of qualitative research a questionnaire may serve as an instrument of
‘incubation’ which prepares the respondents for the interviews. Qualitative inquiry is not

Designing Qualitative Research T

aiming at taking the respondent by surprise. An interviewee who is familiar with the project’s
topics is preferable by all means.

preliminary set

9 interviews (2 hours)
open - unstandardized

| |
5 v
standardization g questionnaire
»incubation«
¥ ]
main set

21 interviews (1-1.5 hours)
open - standardized

Figure 4. Sub-structuring the interview phase

Data processing: transcriptions

To guarantee a high degree of authenticity of the empirical data yielded by the interviews,
those should preferably be video taped. Audio taping should be used only if demanded by cir-
cumstances. In any case, the taped interviews have to be transcribed.

Producing interview transcriptions means an arduous and lengthy work. The transcriptions,
however, are necessary because written texts allow easier handling, documentation, and
analysis of the interviews than video tapes would do.

Video taped interviews have their own ‘dramaturgy’ which may

e restrict the researcher’s view
capture the researcher’s eye
guide the researcher’s understanding
direct the researcher’s attention to surface information
make the researcher watch the respondent’s statements, failing to notice what
she or he does not say
e seduce the researcher to be passive (consuming), instead of being active (ob-

serving, analysing).

The same may apply to simply reading transcriptions as a whole text. As a thorough analy-
sis of the interviews requires a detailed exploration from various points of view, transcriptions
should, for interpretational aims, be processed in manifold ways. This can be done by re-
arranging and re-structuring the transcribed texts, for instance by sampling or extracting
quotes referring to a certain topic (cf. Data evaluation: interpretation).

The transcriptions will consist of about 35'000 characters per hour of interview, however,
transcribing means more than just typing — as is shown by the mere fact that punctuation may
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clarify or deform the original. Transcriptions have to be produced with a very high degree ac-
curacy and, moreover, repeatedly require proofs of the consistency of the transcribed text (in-
ternal text control) as well as verification of the text on the basis of the video tapes (external
text control) as shown in Figure 5.

interview

video tape [

:; verification
g4+ transcription i

&
a8
consistency :
¢

g 1 i
AT A T

i

Figure 5. The process of making interview transcriptions

The cycles of consistency test and verification are the main instruments of approximating
the transcription to the original interview. Yet, for economical reasons, one is bound to cut
short these processes (after some cycles of verification and consistency testing) and to take
the transcriptions as a basis for evaluation.

Although the transcription and interpretation phases should not be merged, even transcrip-
tion may occasionally require some interpretation (because of insufficient intelligibility, audi-
bility, and clearness of the respondents’ statements). It should therefore be done by the re-
searcher him/herself rather than by a typist (this holds especially for the process of verifica-
tion).

Data evaluation: interpretation

The qualitative paradigm has some vital affinities to another set of powerful new ideas, i.e.
the concept of radical constructivism. The constructivist approach provides ways of better
understanding the nature, origin and development of knowledge. It may help the researcher to
deeper conceive the respondents’ ideas — and even improve the researcher’s introspective in-
sight into his own understanding. For a short outline of some basics of constructivism we
quote from Noddings (1990, p.7):

Constructivism is a popular position today not only in mathematics education but in developmental psy-
chology, theories of the family, human sexuality, psychology of gender, and even computer technology.

[...]

Constructivism may be characterized as both a cognitive position and a methodological perspective. As a
methodological perspective in the social sciences, constructivism assumes that human beings are knowing
subjects, that human behavior is mainly purposive, and that present-day human organisms have a highly
developed capacity for organizing knowledge. These assumptions suggest methods — ethnography, clini-
cal interviews, overt thinking, and the like — specially designed to study complex semi-autonomous sys-
tems.

As a cognitive position, constructivism holds that all knowledge is constructed and that the instruments of
construction include cognitive structures that are either innate or are themselves products of develop-
mental construction.

At current constructivist discourse, various conceptual differences are discussed. However,
there is agreement about the following (Noddings, p.10):

1. All knowledge is constructed. Mathematical knowledge is constructed, at least in part, through a
process of reflective abstraction.

2. There exist cognitive structures that are activated in the process of construction. These structures ac-
count for the construction; that is, they explain the result of cognitive activity in roughly the way a
computer program accounts for the output of a computer.

(%)

Cognitive structures are under continual development. Purposive activity induces transformation of
existing structures. The environment presses the organism to adapt.

4. Acknowledgement of constructivism as a cognitive position leads to the adoption of methodological
constructivism.

a. Methodological constructivism in research develops methods of study consonant with the assump-
tion of cognitive constructivism.

- b. Pedagogical constructivism suggests methods of teaching consonant with cognitive constructivism.

The research process of asking and observing people, of interviewing and interpreting, is
structured in phases for methodological reasons. The phase model, however, involves the risk
of what we may call a ‘methodological routine-blindness’. The research stages person, inter-
view, video tape, transcription, and interpretation form the layers of a more and more con-
structed reality (cf. Figure 6). To prevent blindness, it will be necessary to keep the research
subject in view, i.e. the human being. And that means to ‘keep the layers transparent’ and to
conceive of the stages as facets of a whole with multiple realities.

person |

interview |

video tape |
transcription |
interpretation

Figure 6. Layers of a constructed reality

To provide an introduction to the art of interpretation would be far beyond the scope of this
paper. In the following, we therefore confine ourselves to giving some technical hints. For a
general survey of hermeneutics, the reader is referred to the profound publications of Beck &
Maier (1994), Oevermann (1986), Oevermann et al. (1979), and Titzmann (1993); a deep un-
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derstanding of the process of interpretation is provided by the work of the French philosopher
Paul Ricceur (Ricceur 1975 & 1985).

The processing of the transcription texts mentioned above can be described as ‘cutting’ it
from one context and ‘pasting’ it into another, according to Marton (1986, p.43): “Each quote
has two contexts, [...] first the interview from which it was taken, and second, the ‘pool of
meanings’ to which it belongs.” From a more formal point of view, these operations are re-
ferred to as de-contextualization and re-contextualization (cf. Figure 7). They provide one of
the main techniques of interpretational qualitative analysis.

U

total of all interviews extract

Figure 7. De-contextualization (1) and re-contextualization(2)

Especially with standardised interviews, extracts from the total of all transcriptions will
allow the researcher to re-read the original interview texts. The ‘multiple realities’ encoun-
tered in an interview will often only surface when the perspective of observation is changed,
e.g. by analysing a quote within a new, but relevant, context. At the most basic level, the ex-
tracts take the form of a whole transcription (‘vertical extract’, cf. Figure 8).

-
B i o

Person A Person B Person Z

Figure 8. Vertical extract

The second type of extracts is provided by sampling all the contributions to a specific
question (‘horizontal extract’, cf. Figure 9). This can easily be done with a computer by using
the standard ‘cut’ and ‘paste’ features of text programs.

Designing Qualitative Research 11

The third type of extracts (‘discrete extract of keywords’, cf. Figure 10) consists of all tran-
scription contexts containing a certain keyword. This, too, can be done by a text program,
using the standard features of ‘searching’ and ‘sorting’. All those procedures can be auto-
mated by macros.

Person A Person B Person Z

PRERTARG
2,

Figure 9. Horizontal extract

These three varieties of extracts can be sampled by simple syntactic operations (pattern
matching). Yet one of the most important principles of interpretive discourse analysis requires
extensive semantic operations and can therefore not be automated, or at the utmost only par-
tially, i.e. here we encounter the principle of exhaustion. To gain a profile of the respondents’
views concerning a certain topic, all meaning units (statements, phrases, etc.) referring to this
topic have to be sampled. Following the maxim that no meaning unit is meaningless, each in-
stance has to be found and registered. Interpretation has to consider each single instance by
assigning it to at least one ‘interpretational category’. As meaning units are semantic, and not
syntactic, entities, this requires a thorough non-automated interpretation by the researcher.

Person A Person B Person Z

s _ SR

) . it
e '
R i R

Figure 10. Discrete extract

So there is a fourth, and most important, type of extracts, the ‘discrete extract of meaning
units’, which demands all the interpretive skills and creativity of the (human) researcher.
Computers may often increase or even encourage human creativity — however, it is one of the
author’s conscious and deeply rooted beliefs that before he will see a computer doing qualita-
tive research he will encounter a dinosaur.
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The Mathematical World Views: The Case of
Cypriot Middle School Students (Grades 6-9)

Introduction

Studies of affective issues have always been central to the goals of mathematics education,
since students’ beliefs about mathematics affect their enthusiasm for studying the subject and
their decision whether they will continue on to more advanced studies in the field. One major
concern of research on beliefs was the quality of the instruments that were being used. A par-
ticular problem of the use of such instruments was the difficulty of finding adequate explana-
tions of the relationship between beliefs and achievement as well as the causal relationships
among them.

A recently published article (Pehkonen, 1996) reported on the development of an instru-
ment by Zimmerman and Pehkonen for measuring student beliefs concerning the teaching of
mathematics in different countries. According to Pehkonen (1996), an individual’s belief
system is divided into four main categories: Beliefs about Mathematics, beliefs about oneself
within Mathematics, beliefs about Mathematics Teaching, and beliefs about Mathematics
Learning. These main categories of beliefs are also reflected to a certain degree in the Zim-
merman - Pehkonen questionnaire. In this article we focus on the cognitive level of the belief
system, assuming that the subjective knowledge of mathematics and mathematics teaching
and learning embraces the above mentioned categories of beliefs. Specifically, the main goals
of this study are:

1. To determine whether the Zimmerman - Pehkonen instrument can identify the cognitive
level of the students’ belief system.

2. To explore Cypriot students’ “mathematical world views”.

3. To find out the differences (if any) among students with regard to some personal char-
acteristics such as their sex, grade level, and type of school (urban vs. rural).

Theoretical Background of the Study

The prevailing ideals of the nature of mathematics and the superordinate basic philosophies
about the teaching and learning of mathematics can be classified into two categories, namely
the static and the dynamic. From the static point of view, mathematics is an abstract structure
of knowledge, which consists of accumulated rules, formulas, terms, and algorithms. Conse-
quently, the learning of mathematics is seen as the application of definitions, facts and proce-
dures, and of logical, formal deduction to verify hypotheses and systematize results. Hence,
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students must be provided with “ready” or “prepared” knowledge, and what is needed from
them is to memorize and re-produce facts, and apply rules in order to solve problems.

This contrasts with the notion of mathematics derived from the dynamic point view ac-
cording to which mathematics is an active way of thinking about problems and reaching con-
clusions. Students, from this point of view, need to invent and re-invent mathematics by un-
derstanding facts and making connections to previously discovered principles. Re-inventing
mathematics means developing the ability to do mathematics, which is the actual goal of
teaching the subject. Mathematics is neither only memorization and application of definitions,
formulas, facts and procedures, nor is it drill and practice.

Definitions of beliefs include one’s subjective experience which is based upon implicit
knowledge of mathematics and its teaching and learning (Pehkonen, 1997). The spectrum of
an individual’s beliefs is very wide, and form a structure with multiple components, which in-
fluence each other. The individual’s belief system consists of three components: cognition, af-
fection, and action (Grigutsch, Raatz, & Tormer, 1997). The cognitive component can be con-
sidered as the subjective. knowledge of mathematics, the affective component refers to the
emotional relationship with mathematics, and the action component is relevant to the readi-
ness or tendency of a person to act in a certain manner. Thus, beliefs towards mathematics
constitute a very complex and multi-layer system that enables individuals to find orientation
in their environment. In this way, we assume that there is a hypothetical construct “world of
beliefs”, which is a system of beliefs towards mathematics. There are two levels from which
we can gain information about the “mathematical world views” of students. The first source
refers to the information that can be gathered from students’ expressions on single belief
items, and the second refers to the information that can be inspired by the relationships among
single belief items. Our research focuses on the overall spectrum of “mathematical world
views”, and not on separate items.

In this study we emphasize on the identification of the structure of students’ beliefs and
views towards mathematics, since the establishment of the mathematical world view of stu-
dents constitutes the foundation for the emergence and the development of belief factors as
well as the changes in the system of their beliefs. In addition, students’ beliefs may be con-
nected with their learning behavior and the way they are learning and doing mathematics
(Thompson, 1991). In many situations, students who think of mathematics from the static
point of view will be more likely to consider the memorization of facts and procedures as
more important than the comprehension of mathematical ideas and relationships, which are
mostly favored by those adhering to the dynamic point of view.

Students working with mathematics develop personal experiences that create beliefs,
which affect their future behavior, and this behavior, in turn, determines current and future
experiences. This may result in cumulative processes which sustain themselves, and thus be-
liefs can turn into a kind of self-fulfilling prophecies, which in most cases reinforce existing
beliefs. In this manner, it is assumed that there exists an interdependence among beliefs and
mathematics teaching and learning.

Taking into consideration the importance of beliefs in the teaching and learning of mathe-
matics, this study purports to investigate the “mathematical world views” of students through
the Zimmerman - Pehkonen’s questionnaire. Of course, it is not possible to describe the
complete field of “mathematical world views” of students through a single questionnaire, and
thus the present study is restricted to the cognitive level of beliefs which deals mainly with the
student beliefs towards the nature of mathematics, and consequently, towards the teaching and
learning of mathematics.
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Method

In constructing their questionnaire Zimmerman and Pehkonen assumed that the develop-
ment of students’ mathematical beliefs is based on the idea that one’s belief system consists
of five dimensions: beliefs about Self, Mathematics Content, Mathematics Learning and
Teaching (Pehkonen, 1996). Thus, we administered the Zimmerman - Pehkonen questionnaire
to determine whether a similar pattern of results would also emerge in Cyprus.

Subjects

Data were collected on 1099 Cypriot students from grade 6 to grade 9, both from urban
and rural schools, including 427 students in grades 6, 222 students in grade 7, 231 in grade 8,
and 219 students in grade 9. Table 1 gives details of the grade, type of school (urban and ru-
ral), and sex distribution of students.

Grade 6 Grade 7 Grade 8 Grade 9
Urban | Rural | Total Urban | Rural | Total | Urban | Rural | Total Urban | Rural | Total
Males 167 63 230 57 49 106 63 56 119 55 511 106
Females 143 54 197 62 54 116 66 49 112 58 55 119
Total 310 117 427 119 103 222 126 105 231 113 106 219

Table 1: The sample of the study.

Procedure

We administered the Zimmerman - Pehkonen questionnaire, which included 32 items de-
signed to measure general beliefs on the teaching and learning of mathematics. These items
were factor analyzed using Principal Axis factoring with varimax rotation. A five factor solu-
tion was identified as being the most appropriate in isolating six distinct scales relating to be-
liefs.

Analysis of variance was then used to determine whether differences in beliefs could be
predicated from the set of variables identifying characteristics such as grade, gender and
school (rural and urban).

Results

Factor Analysis

In determining how the sample matched the Pehkonen’s hypothesized belief categories, a
five factor solution resulted in the best distribution of items into identifiable subscales (The
five factors accounted for variances greater than 1, that is the eigenvalue was greater than 1).
First, the correlation matrix for all variables was computed to identify the variables that do not
appear to be related to other variables. The items 3, 4, 5, 12, 15, 18, 21, 31, and 33 of the
original instrument did not have large correlations (e.g. less than .3) with at least one of the
other variables, and thus, we excluded them from further analysis. The resulted five factors
seem to be meaningful in the sense that they describe students’ beliefs towards the learning,
the teaching, and the content of mathematics, as well as students’ beliefs about their own role
and their teachers role in the teaching-learning process.
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The first factor consists of six items (29, 23, 24, 18, 19, and 21) that are homogeneous in
content and thus it can be interpreted meaningfully as an aspect of mathematics that empha-
sizes students’ beliefs about the learning of mathematics (Table 2). This factor explained 20%
of the variance and had a correlation coefficient of .67. The negative loads in items 29 and 23
indicate that students, in general, do not conceive of mathematics learning as demanding
much effort or much drill and practice.

The second factor, with a correlation coefficient equal to .52, explained 16% of the vari-
ance, and reflected student beliefs towards the content of mathematics (items 6, 9, and 22).
All items have a positive load indicating that students believe that mathematics teaching in-
volves a wide spectrum of topics such as problem solving and calculations (Table 2).

Item Factor 1: Students’ Beliefs about the Learning of Mathematics (a=.67, ex- Load
plained variance = 20%)

29 Mathematics learning (ML) needs as much practice as possible -.55
23 ML demands much effort -43
24 In mathematics there is more than one way of solving problems 43
19 Mathematics teaching involves tasks of practical benefit 42
18 ML needs as much repetition as possible 41
21 Mathematics teaching cannot always be fun -20
[tem Factor 2: Students’ Beliefs about the Teaching of Mathematics (a=.52, ex- Load

plained variance = 16%)

6 Mathematics teaching involves drawing of graphs... .63

22 Mathematics teaching involves calculations of areas, volumes... 44

9 Mathematics teaching involves problem solving 42
Item | Factor 3: Students’ Beliefs about the Nature of Mathematics (a=.63, explained Load

variance = 14%)

7 Mathematics is a discipline that requires quick and correct answers .57
8 Mathematics is a strict discipline 47
12 Mathematics is learned by heart 40
1 Mathematics involves mental calculations 36
16 In mathematics everything is reasoned exactly =22
5 In mathematics everything is expressed exactly 16
Item | Factor 4: Students’ Beliefs about their Role in the Learning of Mathematics Load

(a=.45, explained variance = 13%)

31 Students work in small groups 57
13 Students ... put forward their own questions 45
28 Students ... construct concrete objects 43
25 Mathematics are learned through games 41
Item | Factor 5: Students’ Beliefs about Teachers’ Role in the Learning of Mathe- Load

matics (a=.52, explained variance = 12%)

26 Teacher explains every stage in detail 45
27 Students solve tasks... independently 38
15 Teacher help when difficulties arise 32
10 There is a procedure to follow 31

Table 2: The extracted factors with items and items loadings for each factor.
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There are four items connected with the third factor (correlation coefficient =.63, and ex-
plained variance=14%) that load over .4, and two items that load less than .3. All items are
homogeneous and can be interpreted as relevant to the nature of mathematics, i.e., mathemat-
ics is a subject which requires correct answers and is characterized by strictness and precision.
The first statement loads very high in this factor (.57) indicating that students emphasize the
speed and accuracy of calculations, while at the same time they seem to reject the idea of
having to give reasons or express their reasoning in answering mathematical problems or ex-
ercises (see item 16 with the negative load).

The fourth factor (correlation coefficient = .45, and explained variance=13%) can be iden-
tified as the students’ beliefs concerning their own role in the process of learning mathemat-
ics. The four items in this factor have positive loads and all of them are higher than .4. The
fifth factor (coefficient alpha = .52, and explained variance 11%) reflects students’ beliefs
about the role of the teacher in the process of teaching mathematics. All items in this factor
are homogeneous except for item 10, which also loads on the nature of mathematics factor.

The five extracted factors-learning, content, and nature of mathematics, as well as stu-
dents’ and teachers’ role in the learning of mathematics-are dimensions that are essential to
one’s “mathematical world view”. The homogeneity of the factors hints at these dimensions
and contributes to the structuring of students’ perceptions and cognitive representations of
mathematics.

Differences among students

To answer the second question of the study, i.e., whether the extracted factors can be used
to predict students beliefs in terms of their personal characteristics, we used Analysis of
Variance (ANOVA) with the factors as dependent variables and students’ sex, grade level,
and type of school as independent variables.

1.4
13-4 S
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....... Rural
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Grade 6 Grade 7 Grade 8 Grade 9

Figure 1: The interaction between grade level and type of school with students’ beliefs towards
the learning of mathematics as dependent variable.

As far as the learning of mathematics is concerned, there is a statistically significant main
effect due to the sex of students, and an interaction between the grade level of students and
their type of school. Specifically, it was found that male and female students do not have the
same beliefs about the learning of mathematics. Females (m=1.18) have more positive beliefs
about the learning of mathematics than males (m=1.25)". In addition, the interaction between
grade level and type of school (Figure 1) indicates that students in grade 6 (elementary
school) do not differ in their beliefs about the learning of mathematics. However, in grade 7

1 . . g - .
Number 1 in the Likert-type scales meant fully agreement, while 4 meant disagreement. Thus, small means in-
dicate more positive beliefs.
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students in rural schools seem to have more positive beliefs than their counterparts in urban
schools. In grades 8 and mostly in grade 9 urban students develop more positive beliefs than
rural students.

Students’ beliefs towards the teaching of mathematics were found to differ in terms of their
grade level and gender. A post-hoc analysis revealed that students in grade 6, and particularly
girls, considered mathematics as consisting of a wide range of topics such as calculations,
problem solving and drawing figures (items 6, 9, and 22). On the other hand, students in
grades 7, 8, and 9, and especially male students, viewed mathematics teaching as consisting
mainly of calculations. This may be explained by the fact that in secondary education what
receives more emphasis is the finding of the correct solution to given exercises.

2
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Figure 2: The interaction between grade level and type of school with students’ beliefs towards
the nature of mathematics as dependent variable.

The same pattern of results as with students beliefs about the learning of mathematics was
found in the case of students’ beliefs towards the nature of mathematics, i.e., a statistically
significant interaction between the grade level and the type of school as well as a significant
main effect involving the gender of the students. Figure 2 depicts that students in elementary
schools do not differ in their views about the nature of mathematics. The differences are obvi-
ous in grades 8 and 9, where urban students develop more positive views about the nature of
mathematics than rural students. These differences might be attributed to gender differences
as female students (m=1.57) begin to conceive of mathematics in a more comprehensive way
than males (m=1.67).
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Figure 3: The interaction between grade level and sex with students’ beliefs towards their own
role in the learning of mathematics as dependent variable.

A statistically significant interaction also exists between the grade level and the gender of
students concerning students’ beliefs about their own role in the learning of mathematics. The
interaction (Figure 3) indicates that students in grade 6 conceive of their role in the teaching
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of mathematics in a similar manner, while the views of male students in high school are less
positive than their female counterparts. Furthermore, students in rural schools (m=1.26) con-
ceive of their role in the teaching of mathematics in a less positive manner than students in
urban schools (m=1.18).
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Figure 4: The interaction between type of school and sex with students’ beliefs towards the role
of teachers in the learning of mathematics as dependent variable.

Students” views about the role of the teacher in the process of teaching and learning of
mathematics differ in terms of their grade level. Post hoc analysis showed that students’ be-
liefs in grades 8 and 9 are less positive than those of students in grades 6 and 7. On the other
hand, there was a statistically significant interaction between students’ gender and type of
school. Figure 4 shows that male students, independently of the type of school, hold the same
beliefs about the role of the teacher, while urban female students are more positive than fe-
male rural students.

Conclusions

The five extracted factors indicate a simple structure, and, therefore, enable us to subdivide
the set of statements into meaningful categories or dimensions. This in turn means that the
dimensions can be operationally defined, since the statements within each factor are homoge-
neous in content. In this respect, the statements probably define operationally the given fea-
ture (learning, teaching, nature, students’ role and teachers’ role), and the measuring of these
features are probably valid. Thus, the attributes learning, content, nature, students’ role and
teachers’ role in the learning and teaching of mathematics, seem to constitute dimensions,
which categorize students’ perceptions, cognitive representations, experience, and their ways
of responding to mathematics.

Even though we have extracted only five factors, we are certain that the “mathematical
world views” is a very complex construct. It certainly contains a great deal of elements and
relationships among these elements (Pehkonen, 1996). However, we assume that the five ex-
tracted factors constitute fundamental dimensions, which can characterize the subjective
knowledge of students about mathematics, independently of the complexity of the hypothe-
sized models that are under study each time.

Moreover, it seems that the five factors can be predicated by the students’ personal chat-
acteristics. Specifically, it was found that the students’ “mathematical world views” is not
homogeneous, but heterogeneous, since students have different beliefs in each of the five di-
mensions, which range from rejection to approval. Differences were found, for example,
among students in terms of their sex, type of school, and grade level. Female students as well
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as urban students seem to hold more positive beliefs towards the five dimensions than male
and rural students. In other words, it was found that males and rural students believe to a
greater degree than female and urban students that mathematics learning is a rigid, exact sub-
ject, and that it is a discipline with a need for accurate results and infallible procedures that
require repetition, memorization, drill and practice. Furthermore, it was found that female
students enjoyed mathematics more than male students and conceived of themselves as active
participants in the teaching and learning process. On the other hand, male and rural students
considered themselves as passive recipients of mathematical knowledge, and thus they per-
ceived teachers as the individuals that are responsible for transmitting mathematical knowl-
edge, and verifying that students have received this knowledge.

It was was found that there were no differences among students in elementary school
(grade 6), while these differences arise in high school. This result confirms those found in
previous studies (Fennema, & Hart, 1994), and reinforces the idea that students in high school
begin to conceive of mathematics as a discipline that requires much effort, and that mathe-
matics is made up of an accumulation of facts and rules to be used skillfully by the trained ar-
tisan in the pursuance of some external end. However, what is of most importance in the pres-
ent study is the fact that there are differences among high school students in rural and urban
schools, and that females and males differ with respect to their “mathematical world views”.
Gender differences still exist in personal beliefs concerning mathematics, but these differ-
ences favor females. What remains to be done is (a) to find out the direct effects of sex, as
well as of the grade level and type of school on students’ beliefs, and (b) to examine the direct
effects of the categories of students’ beliefs on each other and the relationships among these
categories.
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Attitudes to Mathematics in Grades 1-6

Background

During the 1980s, the interest in affective variables in mathematics education became a fo-
cus of research and many review articles were published (e.g. Reyes 1984; Pajares 1992;
McLeod 1994), focusing on attitudes towards mathematics, rather than questioning the vari-
ous components of the affective domain. However, some of the more frequently encountered
areas of interest have included understanding of emotions, attitudes and beliefs of students, as
well as of teachers, and their relation to cognitive variables. The great majority of these stud-
ies has used attitudes as a general term that includes beliefs about mathematics and about self.
In this paper attitudes refer to affective responses that involve positive or negative feelings of
moderate intensity and reasonable stability. This does not mean that the author is not aware of
the fact that there are many different kinds of mathematics as well as a variety of feelings
about each type of mathematics.

Most of the studies of affective variables in mathematics learning have focussed junior and
senior high school level. Very few studies consider early elementary school students to be of
interest, in spite of the circumstances that the students’ attitudes towards mathematics, most
probably, start their development during these early years in school. Nor does it seem to be of
any interest, during those years of schooling - or later on -, to develop any kind of ‘remedial’
program in order to equalize growing differences between boys and girls regarding attitudes
towards mathematics.

Aim of the study

That women are under-represented in occupations related to mathematics and science is,
by now, a well-known fact. You can see this as early as junior and senior high school levels
where the mathematical and/or science programs are heavily dominated by males. In an at-
tempt to equalize this difference between males and females, a few municipalities in Sweden
have initiated special science programs (remedial programs) for pre-school children. No sci-
entific evaluations have, so far, been conducted and a question bothering me has been whether
the pre-school years are the most appropriate for such a program? At what grade levels are
differences in attitudes toward mathematics noticeable? What may influence females to be
less confident than males in mathematics? Do male students send subtle messages that they,
for instance, do not trust females’ knowledge in mathematics?




99 Margareth Drakenberg

Attitudes to Mathematics in Grades 1-6 23

Methodology

In order to get some answers to these questions a tentative study was conducted. However,
most studies regarding sex-differences in attitudes in mathematics have focused junior high or
secondary high school level and they have shown that many students have already fully de-
veloped attitudes toward e.g. mathematics at the junior high level. In this study, focus has in-
stead been restricted to grades 1 to 6. A total of about 150 students have answered a question-
naire of attitudes in mathematics. The questionnaire is a Swedish version of the Fennema-
Sherman Attitude Scales, which I became acquainted with during my post doc-year at Prof.
Fennema’s department (Fennema et al. 1980). This questionnaire, demonstrating attitudes to-
wards mathematics as multifaceted rather than singlefaceted a construct, has also been used in
the 80s in some Swedish studies (Drakenberg & Mattsson 1983;1984;1988) and I have also
noticed the use of the Scales in Finnish studies (i.e. Malmivouri 1996).

The items used in this study was thus adapted to Swedish speaking circumstances and fo-
cused upon students’ beliefs about their weaknesses and strengths in mathematics, usefulness
of mathematics, mathematics as a male domain and cooperation with other students. In re-
sponding to the different statements the students had to choose between fully agree, partly
agree, hesitant or fully disagree. The data, in this study, was collected this spring semester in a
Finnish elementary school during a normal lesson in mathematics. I am very grateful to the
students, teachers and their principal for their positive interest and cooperation.

At this state of the research the data collected has been analyzed in the simplest possible
ways, i.e. only analyses of means have been used in order to get a general idea about the stu-
dents’ beliefs, their development and gender differences, if any. The ways of analyses can be
considered justified due to the character and main purpose of the study, i.e. a tentative study
conducted to give some hints about the origin and the development of elementary school stu-
dents’ attitudes and beliefs towards mathematics.

Results and discussion

The items in the questionnaire have been organized into themes and the results will be pre-
sented and discussed following these themes: Attitudes towards the subject; Confidence ; Per-
ceived usefulness; Work methods; and Boys’ attitudes towards girls’ knowledge in mathe-
matics.

Attitudes towards the subject.

U.S.-reports (e.g. Dossey et al. in McLeod 1992) have indicated that there is a general de-
cline in the percentage of students who say they enjoy mathematics as they proceed through
school. Also students in other countries show little enthusiasm for mathematics as they prog-
ress through school (see e.g. Foxman et al. in McLeod 1992).

All the students in this study, independent of grade level, considered mathematics to be a
very important subject although it did not belong to their favorites or to the subjects they liked
the least. In their responses the students also indicated that they found mathematics neither
enjoyable nor interesting. As seen in Figure 1, girls from grade 3 to grade 6 indicate that their
interest in mathematics is continuously declining the more they learn. I think this is serious,
telling us that something has to be done about the content of mathematics during these years
in order to catch the interest of the girls. Analyses of mathematics and science studybooks

have shown that there are too seldom female-related tasks in these books that could make the
girls feel familiar with the circumstances described in those tasks.

- Girls

Grade level

Figure 1. Boys’ and girls' interest in mathematics.

Confidence in mathematics

Students’ beliefs about their competence in mathematics are an important affective factor
in mathematics classrooms, and over the years confidence in mathematics has been frequently
studied. A substantial amount of data has been collected regarding gender differences in con-
fidence when working in mathematics, but, so far, very little research has focused on how
children develop their personal beliefs about themselves as learners. Research on confidence
in learning mathematics (e.g. Reyes 1984, Reuterberg 1996) showed that in general boys tend
to be more confident and estimate their own capacity to be higher than the girls.

As many studies have already shown, also this study showed that the boys’ confidence in
mathematics is higher than the girls. Throughout the six grades in elementary school, boys
consider themselves more clever than girls, they feel they know what they are doing. They
also find mathematics easy and believe they are able to solve also the most difficult tasks. In
Figure 2 we can see that from grade 3 to 6 girls become more and more insecure in their
working on mathematics tasks and as a consequence, their interest in the subject is conti-
nously declining.

Such a difference in perceived confidence between boys and girls has also been shown to
influence the children’s intentions to seek help in the classroom. Newman (1990, 77), study-
ing elementary school children, has shown that children who believe they are competent are
likely to seek assistance when needed - the implication of which is that “those most in need of
help may be those most reluctant to seek help”. In a complementary study, Newman & Goldin
(1990), the above mentioned results are given a deepened analysis showing that girls are more
hesitant than boys to ask for help because they are so embarrassed and afraid of nagative re-
actions to their help-seeking behavior. Such reactions might lead to girls not getting adequate
help in mathematics. This may influence them in such a way that it is not very likely that they
take mathematics in school when it becomes optional.
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Figure 2. Boys' and girls' confidence in mathematics

Perceived usefulness of mathematics

All the students in this study agreed upon the statement that mathematics can be used in
many different ways and thus that it has a great variety of uses. All the students also consid-
ered it important to get a good grade in mathematics because good grades in mathematics
might lead to a good job. Most of them agreed that they would need mathematics also in their
future jobs. In two items, one located in the beginning of the questionnaire and the other at the
end, all the students are rather hesitant or fully disagree to the statement “I don’t think I will
use mathematics after I have finished the school”, see Figure 3. Fennema (1989), in summa-
rizing her results on this issue, noted that males in general reported higher perceived useful-
ness than females. This is the case also in this study, but the differences between the sexes are
not big.

3} - Boys

- Girls

Score
™

Grade level

Figure 3. The perceived usefulness of mathematics.
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Work methods in mathematics

Research dealing with mathematics learning has given increased attention to the social
context of instruction. Here, not only classroom’s social context is important, also the school
as well as the home have an effect upon students’ beliefs and their appreciation of coopera-
tion.

The results from this theme of questions showed in this study that girls are more positive
than boys when it comes to working in groups and to getting the possibility to discuss solu-
tions with their classmates, see Figure 4. To let the students discuss the math problems, their
possible solutions and solution-strategies seem to favour girls who indicate they understand
much better what they are doing. On the other hand, to work in groups can also be conceived
of as having to adjust one’s own work tempo to the rest of the group, something the boys are
not that fond of. Instead, the boys prefer a competition situation where they can work in their
own pace.

1 L

Figure 4. Cooperation in solving and discussing mathematical tasks.

In their interesting book, “The story about girls and boys”, Bjerrum-Nielsen & Rudberg
(1989) have shown that the two sexes approach the learning situation in different ways. Their
results coinside with U.S.-results, e.g. Peterson & Fennema (1985), who have been able to
show a positive relationship between, in particular, girls’ achievement and cooperation activi-
ties, while boys’ achievement is more influenced when elements of competition are present.

Boys’ attitudes towards girls knowledge in mathematics.

As early as the first grade, the boys consider themselves smarter in mathematics than the
girls and a peak is reached in grade 2, see Figure 5, where all the boys fully agreed that they
were more clever than girls in mathematics. In this grade also many boys consider the girls
who are interested, or clever, in mathematics to be “nuts”. This under-estimation of the girls’
knowledge in mathematics is further strengthened during the elementary school years, here
investigated, by the boys’ attitude never to ask a girl about the correct answers or for help in
mathematics. The predominant reason for choosing the particular helper is, according to
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Newman & Goldin (1990, 93) “the child’s perception of the individual’s competence”. Girls’
knowledge in mathematics is therefore often oversighted by the boys.

[ - L L I

0 | I 1 L 1 X
Grade lavel

Figure 6. Boys’ attitudes to girls’ knowledge in mathematics 11,

Summary

In most studies of attitudes in mathematics, junior or senior high school students have been
investigated because gender differences have been found in both attitudes and achievement in
mathematics at those school levels. But these attitudes start to develop much earlier and fur-
ther develop, in this case, through students’ personal learning experiences with mathematics.

Through these experiences the students will construct their beliefs about themselves, about
mathematics, and its learning.

In this study, it was found that the girls’ knowledge of and confidence in mathematics are
influenced negatively and they lack support already from the lowest grades in elementary
school. As a consequence, the girls’ enjoyment and interest in mathematics is continuously
declining during the elementary school years and when getting to junior high school level
many girls are less likey to take mathematics when it becomes optional, or they take only the
shortest or easiest courses.

So, according to this study, if some kind of remedial programs are to be offered they
should be carried out during the students’ first years in elementary school. However, this
study is a tentative study and inferences must be made with obvious care. On the other hand,
the correspondence of the present findings with well-established literature gives the results
some validity and the study can be considered to provide interesting information for guiding
future research.
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Giinter Graumann

Beliefs of First-Year-Students about the
Mathematical Education of Teacher Students

In April 1996 and in January 1997 among first-year-students which want to become pri-
mary school teacher I handed out several questions about mathematics education at school
and about the mathematical education of teacher students at university. Some interesting re-
sults in respect to the mathematics education at school I offered already at MAVI 3 in Hel-
sinki (see in: E. Pehkonen, Research report 170, Department of Teacher Education, University
of Helsinki 1996). Here, I want to talk about the beliefs of the students in respect to their
coming education in mathematics and didactics of mathematics.

For better understanding I must say that in the present circumstances in North Rhine-
Westphalia all students which want to become primary school teacher have to study mathe-
matics and didactics of mathematics (each topic at least 10 to 12 hours/week/semester spread
over 6 semesters). When I gave to them the questionnaire they have had only one course
about introduction into didactics of mathematics.

The questions about the mathematical education of teacher students are the following:
“What does belong to the mathematical study of future primary teacher ?

(41) Natural numbers and calculation with natural numbers

(42) Mastering fractions

(43) Concepts and theorems of elementary geometry and imagination of space

(44) to know more than only primary school mathematics

(45) ability to offer proofs

(46) reflections on mathematics

(47) to do exercises regular

(48) to have exemplarily a good look at one problem of elementary mathematics at one’s
own.

(49)  to deal with history of numbers and history of mathematics

(50) to deal only with questions in respect to didactics of mathematics
(open question) wishes and remarks about the mathematical education of primary
school teacher.”

Each question should be answered twice - first in respect to the IS-state (they think) and
secondly in respect to the ‘SHALL-state’. The scale for each answer consists of -2 (fully dis-
agree), -1 (disagree), 0 (partly-partly/undecided), +1 (agree), +2 (fully agree) and n (no an-
swer). :

The number of questionnaires with usable answers I got is 200 for April 1996 and 41 for
January 1997.
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Until now I have only worked out the answers of the questioning from January 1997. At
that time the students have had already three semesters experiences with mathematical educa-
tion for primary school teacher at the university of Bielefeld. The results of the questions (41)
to (50) are the following:
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4, Natural numbers as cardinal numbers and systems of notions for numbers
5. Fundamental concepts and problems of elementary geometry

The result in respect to this questionnaire was the following (because fluctuating total

No IS-state SHALL-state Diff.

2 | o« 0 | +1 | +2 | n o | 4 0 | +1 | 2 | n P X2
41 0 I 3 [ 20 | 16 | 1 | +1.28 0 0 1 14 | 25 | 1 | +1.60 | +0.32
) 1 5 6 | 19 9 [ 1] +0.75 1 1 7 15 | 16 | 1 | +1.10 | +0.33
43 0 0 7 | 27 | 6 | 1 | +098 0 0 5 | 17 | 18 | 1 | +1.33 | +0.35
44 0 ] 8 | 12 | 18 | 2 | +121 0 ] 7 | 21 | 8 [ 1| +0.83 | -038
45 | 2 6 | 12 | 11 | 9 [ 1| +048 7 7 [ 12 [ 11| 3 [1 -0.10 -0.58
16 | 4 4 | 14 | 14| 2 | 3 [ +0.16 1 1 5 | 19] 132 +1.08 | +0.92
47 0 1 6 | 19 | 14 | 1 | +L.15 0 0 7 | 15 | 18 | 1 | +1.28 | +0.13
48 | 2 8 | 16 | 11 | 2 | 2 | +0.08 1 2 | 13 | 16 | 7 | 2| 067 | +0.59
49 5 9 [ 11 | 13| 2 |1 -0.05 1 8 9 | 15 | 7 | 1 | 048 | +0.53
50 7 | 14 [ 11 ] 5 2 | 2 | -049 7 8 | 10 | 7 6 | 3| -008 | +0.41

numbers I always give the procentual rate):

The interpretation of these results could be the following:

1. We see (as already in MAVI 3 mentioned) that the IS-state and the SHALL-state often
differ a lot.

2. Natural numbers and elementary geometry is taught already but is asked still more. Also

mastering of fractions is asked more.

Proofs are not so much taught but still should be treated less.

Primary school mathematics is important but should be treated less.

History of numbers and mathematics is done not so often and should be done more.

Reflection about mathematics is important and should be done more.

Exercises are very important.

To work one problem at one's own ist done not so often and should be done more.

Only a few students think that their study should focus only on didactics of mathematics.

SO g0 g N B Lo

The consequences of these results can not be done in general because of the small number
of experimentees on one hand and the special situations at other universities on the other
hand. But I think hints for discussions about the mathematical education of future primary
school teacher are given.

To complete the impression about the mathematical topics I also used an additional ques-
tionnaire during my lecture (called "base course of mathematics" for future primary teacher).
The Idea for it I got from Mosel-Gobel & Stein at the GDM-conference 1996 (See in: Bei-
trdge zum Mathematikunterricht 1996, S.297-300, Bad Salzdetfurth). After finishing a topic I
asked the students how they cauld follow the lecture and if they think the lecture was good for
their later profession. The scale went from -3 (fully disagreement) to +3 (fully agreement).

The topics have been the following:

1. Types of numbers and relations between the operations
2. Basic concepts of set formalism
3. Basic concepts of relations and functions

Topic No -3 -2 -1 0 +1 +2 *3 Mean
1 28% 1.9 % 1.9% 5.7 % 28.0 % 31.3% 284 % +1.62

2 1.1% 28% 4.5 % 12.3 % 25.1% 274 % 26.8 % +1.47

3 8.7% 7.6 % 13.0 % 19.6 % 26.1% 6.5 % 18.8 % +0.40

4 2.8% 3.4% 45% 11.8 % 21.9% 26.4 % 292 % +1.43

5 23 % 23% 0% 0% 372 % 46.5 % 11.7 % +1.56

Question A: "I can follow the lecture”.

Topic No -3 -2 -1 0 +1 +2 +3 Mean
o 6.0 % 10.3 % 12.0 % 29.9 % 214 % 13.2% 7.3 % +0.19

2 4.5 % 124 % 13.5 % 33.7% 19.1 % 15.1 % 1.7 % +0.03

3 14.1 % 8.7% 15.2% 39.1% 14.1 % 3.3% 5.4 % -0.38

4 123 % 6.1 % 19.0 % 23.5 % 26.8 % 8.9 % 3.4% -0.13

5 0% 4.6 % 14.0 % 32.6 % 30.2 % 18.6 % 0% +0.44

Question B: “The lecture makes sense for my future profession”,

2,00
1,50

1,00
0,50

0,00

-0,50

These results of this questionnaire are similar to those Mosel-Gébel & Stein got: All topics
but topic 3 (relations and functions) are understandable. The proposed importance for the fu-
ture profession of the means of all topics is nearly 1.5 less. The best topic in both views is
elementary geometry.

Finally, T will give a summery about the open answers the students gave in the first men-
tioned questionnaire. For this I evaluated all tests from April 1996 and January 1997. A lot of
comments have been very similar. Therefore I built eight categories in which I distributed the
comments. The total number of evaluated tests is 241, but for getting the weight of one class I
counted the number of comments (if someone made two comments so these were counted
both). If there was no comment I counted it as one comment - because I think "no comment"
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is also a comment. The total number of all comments by this counting is 295. (This is the ba-
sis for the given percentage.)

The wishes of the students for their study now are the following:

1. No comment 126 (42.7 %)
2. Stressing references to the practice in school 41  (13.9 %)
3. Stressing didactics strongly and giving hints for teaching 41  (13.9 %)
4. Good Explanations, good structuring and self-experiences 25 (8.5 %)
5. Not so many proofs and formalistic mathematics 20 (6.8 %)
6. Information about learning ways and problems of pupils 16 (5.4 %)
7. Learning for games, pleasure and self-experience in school 16 (5.4 %)
8. Sound knowledge, logic thinking and demanding mathematics i (2.4 %)

I think, these results give us some hints for a possible conception of the mathematical
teacher education. But a detailed interpretation of these results I better let open for the discus-
sion.

Markku Hannula

Pupils’ Reactions on Different Kind of Teaching

Introduction

As a part of a research project I begun to teach mathematics in two classes. The framework
of the project was presented in MAVI-3 (Hannula, Malmivuori & Pehkonen, 1996). I tried to
imply a gender inclusive teaching based on my previous work. Guidelines for teaching have
been group-work and pupil centred and discovery learning. So the teaching was different from
their previous experience and different from their exeptions. Here I shall present some find-
ings concerning the strong reactions of the pupils in one of the classes.

Description of the class.

I begun to teach mathematics at seventh grade, which is the first grade at lower secondary
school. Situation is in many ways new to the pupils. For six years the groupings have been
fixed and they have been taught mainly by one teacher. Now they come to a new school
where lessons are taught by different teachers and even the groupings change. This mathe-
matics class was a half of a class, the other half was taught by another teacher. In my part
there were 12 girls, of whom one come from another class after six weeks. I had asked for a
girls-only group for research reasons. The pupils didn’t know that, and because the majority
of pupils in the whole class were girls, it could have been also by chance. Their advancement
in mathematics has been average or above average. Their primary grade mathematics numbers
are presented in table 1.

Number 4,50r6 7, 8 9 10 (highest)
N - 2 5 3 1

Table 1. Pupils’ primary grade mathematics numbers (scale from 4 to 10).

Methodology of this study

This article is based on two data gathering methods. First, I kept a diary. I wrote down my
feelings and the comments that pupils made during the lesson. Quotes from my diary are
marked with a date at the end (14.10.). I also interviewed eight pupils in two groups in De-
cember and two pupils again in January. These are marked with (I1) or (I2) at the end.
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Beliefs are very personal. That’s why I gave up trying to find general beliefs of my pupils,
and changed the focus to understanding beliefs of some pupils. In this article I present three
stories. First one is my story, seen from the teachers point of view. The two other stories are
pupils’ and I have presented them in Figures 1 and 2. I have chosen which parts of the mate-
rial to exclude and which to include, but I hope that the voice you hear is of those pupils, not
mine. The two pupils did equally well in tests, but their experiences in the class were differ-
ent.

In text there are some codes that need to be explained. [Text in square brackets is slightly
different from original, I have added, changed or lefi out something]. {Comments on behav-
iour or tone of speech}. {* contextual information*}. (?) means part of speech that could not
be interpreted. Beginning of simultaneous talk and interrupting are marked with a slash /.
Stressed words are written in boldtype.

My story

In the beginning everything seemed to go really fine.
Second lesson. The working climate was excellent (16.8.)
First task was to check the homework in groups. They had no need to ask me. (19.8.)

Paula has difficulties solving a task and has persistence for over 10 minutes. I try to help
her with some hints. She doesn’t accept my help at once because she wanted to try solving it
herself first.

Paula: 7 am going to understand this. (23.8.)

Mathematics lesson, group work:
Maria (comments another pupil): Yes [these lessons are fun), like last year it was only:
"Shad up!" and then we counted from the book. (28.8.)

Later on, it turns out that pupils have difficulties too.

Lots of misunderstandings in homeworks. At the end of the lesson one of the brightest pu-
pils commented: Now [ understood it all. At home I understood only half of it, now I under-
stood it all (11.9.)

There becomes more and more criticism in the classroom.

Eva {complaining}: You don't teach on the blackboard. (14.10.)

Linda: One can't know how to do these, ‘cos you haven't taught. (15.10)

Paula {replies to another pupil}: Don 't say mathematical, it makes me puke. (15.11.)

The peak of the criticism was probably, when pupils and their parents complained to the
headmaster and we had an open discussion in the class about my teaching (25.11.). I did some
changes in my teaching, and the atmosphere become better. Some pupils however kept
strongly critical approach, which caused problems for the whole class.

Anna: And [ think that Eva, she too, ought to think about her attitude, because I had simi-
lar attitude first, /

Helena: / Me too. /

Anna: / that if I didn’t learn something, 1 blamed you. But it depends quite much on what
you do yourself. And if she does only the tasks that you tell to do, and does not look for any
knowledge by herself.
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Helena: And you have no time left for teaching us others or them either, if all your time
goes for defending yourself. (11)

Helena: [ believe, that if all from our class would take it a bit more seriously, | | it might
begin to go well again. (11)

Eva is complaining that she doesn’t learn. Anna replies to her: It depends a bit on ones own
attitude too. (10.1.)

I no longer teach this class. In January I asked the headmaster weather it would be possible
not to teach this class next autumn to have more time for research. She gave me an opportu-
nity to finish it at the beginning of February.

ANNA

EXPERIENCES BELIEFS
PRIMARY GRADE SELF ESTEEM

* strain * moderate/good

* boring * not good enough

1
MOTIVATION

BEGINNING * future needs

* relief

TTITUDE

‘RR”AT'ON_ * likes mathematics

* no leaming

* disturbance

REhuor BELIEFS ON LEARNING
* understanding
* teacher teaches
-frontal

NEW ATTITUDE > -individual

* responsibity  Ngll * cooperative learning

P * (independent learning)

Figure 1. Anna’s story.

Anna’s story

At first I was so irritated...well I mean at the very beginning it was really nice, because
Jrom the first mathematics lesson I noticed, that somehow, at lower grade it was so strict, it
was somehow such a relief that I no longer needed to strain in math class'. [ | And then after
a while, some couple of weeks, it started to annoy me, that one didn’t learn anything. Well it
must have depended from my own attitude most, and I begun to feel pissed off, and I abused
you and I abused all the others and I only used bad language in the class, and I didn’t get
anything done. [ ] So I changed my attitude. I thought that it doesn’t help anything, that you

' Small numbers refer to arrows in Figures 1 and 2.
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shall be our teacher anyway and so on. So then I changed my attitude, and decided to study
more myself. : (12)

Notes in my diary confirm the process. [ had at least two notes on Anna and Helena solv-
ing problems in good co-operation (21.8. and 9.9) and one note (13.11.), where Anna’s group
didn’t do the assigned task.

Primary grade

Our teacher was quite demanding, so that she almost all the time had surprise tests, with
awfully difficult tasks, and hardly anyone could solve those. And otherwise too, that even if
you got a ten in all tests she wouldn't give more than an eight in school report if you don't
keep your hand up to almost all tasks and be otherwise active too. (11).

But it was so dry, somehow, the teaching in primary school [ |. We always went exactly ac-
cording to the book [ |. First it was taught in theory all that, and then there wasn't much
anything else, no project works or anything like. That lefi somehow awful traumas sort of. The
teacher newer even asked who would like to do some task on the board, she just commanded |
| The lessons caused awful traumas, ‘cos one always strained somehow awfully. (12)

She had quite good self-esteem in mathematics.

I: Well, Anna, do you think that you are good in mathematics?

Anna: [ don’t know. [ ] .. theory went quite easily for me, but then all word problems and
such were difficult on lower grade at least. (12)

For me it is at least so, that if you explain me something thoroughly, I do understand it, or
sort of internalise it. I mean really thoroughly, so that there are no question marks left there. |
] ... then I do remember it quite long and understand it. And then it is easy for me to solve
more difficult tasks of the same thing. (12)

Her relation to mathematics had love and hatered.
.1 have tried my homework, but then I have lost my nerves, because... heh and then I
throw the books to the wall. I've done that a couple of times. (12)

I'really like mathematics, but I just can’t have much of it done, even though I try. (12)

She had a motivation to learn mathematics for future needs.

...one of the pupils was quite lousy in mathematics at lower secondary school but the
teacher was so strict that she had done all the homework after all. And then she went to math-
specialised class in upper secondary school and it was really easy for her. But are we going

10 have it easy [ ] if it continues like this...3 (11)

She shared my ideas on teaching, at least partially.

Well, at least it has worked well, that friends have taught eachoth..sort of like, if I didn't
understand something and if | | Sara had understood, then she has always taught me, and that
has worked well. That must have been the way you meant it, that you are the last one to ask

from. (11)

[Slometimes [ think that you have given tasks [ where | we ought to figure it out ourselves.
But I think that it might be better still on the seventh grade, that you teach it first in the class,

and we practise it at home, [ ] It might work on the ninth grade, [ ] but now it seems to be
really difficult. (11)

|
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[...] ‘cos now, it has been sort of that we have had to look for the information a litile bit too
much ourselves. (12)

EVA
EXPERIENCES

PRIMARY GRADE
* friends SELF ESTEEM
* simple * low/moderate
\ TTITUDE
A
NIN ;
BEG;:,HE G \l * did like mathematics
/* no help i * does not like anymare
4’ \6
FEELING  [PROJECTS .
STUPID i [BELIEFS ON LEARNING
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Figure 2. Eva’s story.

Eva’s story

Eva was another pupil in the same class. Her story was different from the very beginning.

When I came to school first time, and we had spent some three lessons. I thought that I was
the only one not to understand anything, because I think that I wasn'’t helped too well then.
Even though I asked for help, you explained somehow strangely and left at once. I tried to be
really nice and all that, but I didn’t know anyone, and I was too shy to ask all the time. |
thought that all the others know except me, but it wasn't so. (11)

.. when we begun or when we come to school, I did try to participate in the very begin-
ning, [ ]I asked you some advise and you walked away and said "ask your group”. I didn’t
know them. For sure I dare ask them and I thought that I am the only one not to understand
anything. So 1 told my mama and papa, that I don't understand anything during the lessons,
and that I thought that you didn’t help us, at least not me. [ | that the others understand, but I
don't at all. [ ) So it just stayed that way, and I had to be silent because I was so stupid, ‘cos I
don’t understand it and all the others do. And so begun my attitude. So if you had helped me
better in the beginning, I could be somewhat more eager in mathematics. (12)

She did have some good experience too:
I like those projects, I would like to do them.5 (12)
That gave me ardour. It was really fun to do the pairwork. (12)

*
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I thought that [mathematics] was fun first, but it no longer is. (12)

Primary grades were a happy and easy time for her.
Eva: And [ remember the one lesson, when there were girls from our class, and we just
chatted and told weather we shall marry some rich man. {laughter} (I1)

Eva: We had a teacher [ ], who taught so well, that everyone got excellent marks. (11)

Her beliefs on good teaching seem to arise from a rote learning ideology. She wants to
have explicite instructions what to do.

[: How does a good teacher teach?

Eva: So, that she goes through the things so long time, that everyone understands. | | And
explains in an easy way. For example numerator and denominator — forehead and nose./
{*The Finnish words meaning numerator and forehead begin with the same letter, and de-
nominator and nose respectively.*}

Paula: /Oh, yes, numerator and denominator. I still remember it.

Eva: 4ha, me too. I wouldn't remember it until now, [ | if she {*her primary school

teacher*} didn 't teach it that way. She taught everything like that.® (11)

I: Why some learn mathematics better, or why some do it better in the tests than the oth-
ers?
Eva: They have a good memory. [ | They have followed the lessons more carefully. (12)

Eva: Weeeell you can write at least this: that I lost my nerves with those theoriical as-
sumptotes. I am through with it. [ want normal mathematics.

I: What is normal mathematics then?

Eva: So that first we do the new thing for the lesson. And that is asked from everyone in a
row. Then you give pages and everyone counts and asks the teacher if something is wrong.
Thus! (11)

Eva: For me, you must begin like this: "Here is one, here is another one. In-between there
is a plus. After the second one, there is an is-sign. Then you must add the two ones together.”

(12)
Maybe we shouldn’t do everything so independently. (11)

I: Everyone [in your class] knows the basics so well./

Eva: /I do not know! {angry, banging the floor with her feet}

Anna: Me neither. That’s the point, that | we are going too fast.

Eva: (? 7) / I can’t. You never tell that.. First when we get to a new matter, so you have
never explained it on the board. That’s annoying.

Anna: So one has to self (?) weather it was like this / or like that.

Eva: / Yes, and I hate that (12)

Her comments in the class cofirm her need for explicite instructions.
You don’t teach anything on the blackboard (14.10.)
You must tell, what must be done.(10.1.)

She does however believe that to be good in mathematics includes something more.
So that she is smart, and has sort of own things and finds [ | own solutions.(12)

Her experiences with peers are of two kinds: support and disturbance.
I think that the nicest thing was when Ursula was at our home and we counted ourselves
and I understood the whole thing and I did a whole page. (11)
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Jﬁlia: I am teaching Eva now, don't come here. (25.10)

Eva: You mean, that Anna behaves well, and I behave badly, as/
Anna: /But I didn't in the beginning behave well
Eva: I do know, that you behave well, and I think that that is good. But I just can’t help it.
Something annoys me when it just annoys me. (12)

1 try to [study well] at the beginning of every lesson, but then I am disturbed so it annoys
me. Well I don't know, ‘cos at the beginning of every lesson I try. Today I went to sit alone.
Then Paula comes next to me. And then Ursula comes there close and I can't be calm. I just

can't be.7 (12)

It annoys me, that when I got a seven in a math test, then Ursula looked [at me with a

face), that "You are so bad at math". Really. (12)

In that group I haven't got a right to say anything. They think, that whatever I say, I'm
wrong. Then in Julia’s group I might be right. It {laughter} isn't necessary right, but I have a
chance to say something... (12)

Her self-esteem in mathematics is not good.

I: Do you think, that you are good at math?

Eva: No {laughter}. [ don’t know. It like mm... depends like what you are doing, kind of or
hmm... At home, when [ face a situation, or sort of ought to understand something of mathe-
matics, so I do understand it. But then...(12)

Eva had a lot of difficulties today. She asked weather I think that she is stupid. I denied it.
Later she commented: "... even though someone thinks that I am stupid." (19.11.)

{*Another pupil gets help from her brother.*} You see, I don't have brothers. I mean my
mother doesn't... Mother doesn't... Well mother doesn’t. [ | Well if she starts to help me and |
don’t understand something, then [she would say] "Don’t you now understand this! {in Fin-
nish the expression means, that you should by now} Yak yak yak" (12)

Feelings
Eva: "I HATE [this task]!" (25.10.)
I'would like to do only enjoyable tasks. (12)

Discussion

This article was my first attempt to report my research in a qualitative way. I have learned
something during the research process and I want to share my experiences with the reader. |
hope that after reading these stories the reader will understand the processes in the pupils’
minds somewhat better.

Anna made progress in her learning skills but Eva remained in the confronting position.
They were different in many ways. Anna had an inner motivation to learn, while Eva rather
"tried to be really nice and all that." Eva was rather insecure and would have needed more
positive feedback. The group dynamics with her peers were problematic and teacher invention
would have been necessary. Anna seemed to be more ready to reflect on her actions and expe-
riences while Eva was somewhat reserved.
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Research Questions on Private Tuition in
- Mathematics

Background

As external factors influencing pupils’ environment, parents represent a significant com-
ponent of the learning process. Within the framework of research on the theory of beliefs (cf.
Pehkonen & Torner 1996), the role played by grammar/comprehensive school parents in pri-
vate tuition for the subject of mathematics is to be more closely examined. Parents’ role in the
question of private tuition is an integral part of the web of relationships between parents, pu-
pils, tutor and schoolteacher.

Research on private tuition with special regard to the role of parents is intended to clarify
correlations and influencing factors and to determine changes due to social evolution in the
results of previous work on such relationships.

The investigations will concentrate on individual aspects of the parents’ role. To this end,
video recordings of interviews are to be used. A pattern of questions for the interviews could
be derived from the process of decision-taking experienced by parents when considering the
need for private tuition. Integral parts of this process are their motivation and incentives, their
conception and expectations of private tuition, their own support and the choice of tutor.

Motivation and incentives for private tuition

Foremost is the question of the criterion for deciding to take advantage of private tuition in
mathematics. Are poor results or difficulties in learning a problem for parents? Oster (1997,
with his problem-solving model designed from the point of view of the pupil, concluded that
an increase in learning or achieving difficulties exercised a trigger function for taking action.
Are marks a decisive factor for parents? How do parents notice any learning difficulties expe-
rienced by their children? Which problems in their children’s learning process do parents no-
tice at all? Which problems do they regard as important and therefore worthy of their atten-
tion? When do parents take action? For example, do the parent/teacher meetings that take
place twice a year in the grammar schools provide the decisive “info-mart” and thus the trig-
ger for introducing private tuition? Do other factors exist in the view of parents for initialising
private tuition ? How is the decision reached? Who finally decides that private tuition is the
right answer? Do the parents promise rewards for improved results? If so, are these effective?
Previous research suggests that the choice of private tuition is somewhat embarrassing for the
parents concerned. Whereas at the elementary school level the teacher is regarded rather as a
partner and advisor, at higher levels the desire for evaluations becomes more important. The
teaching, advising, helping and supporting functions of the educator retreat into the back-
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ground, to be replaced by judging and examining functions, even the ability to determine
chances in future occupations and living standards. The atmosphere between parents, pupil
and specialist teacher can lead to secrecy, i.e. a decision for or against private tuition is taken
without the knowledge of the teacher. A more complex analysis of the criteria for such deci-
sions is not available in any research paper to date.

From the point of view of pupils, Oster (1996) decided that problems in mathematics are
mainly regarded as being their own fault. Laziness and lack of interest are seen by pupils as
the reason for low achievement levels, leading inevitably to gaps in their basic knowledge.
How do parents judge weaknesses in the achievements of their children? In their opinion,
what are the reasons for poor marks? How do they act as a result?

Parents’ conception and expectations of private tuition

The role of parents in the relationships connected with private tuition is closely tied to the
question of the parents’ conception of mathematics teaching. What conception of specialised
mathematics teaching can we anticipate when we examine the way in which they actually re-
act? What notions of mathematics teaching come to light? Which of these opinions promote,
which retard their children’s progress?

One could consider the following possibilities:

e  Mathematics is regarded as a “recipe book”.

e  Mathematics can be learned, i.e. one does not need to master mathematics, simply to
know it.

Mathematics teaching can be poor. The factors involved can be named.
More time is needed for mathematics than for other subjects.

Schools do not provide enough time for mathematics.

Success in mathematics depends entirely on learning.

Success in mathematics depends on learning methods.

Mathematics plays a significant role in future vocational training.

What effect do such parental conceptions have on private tuition? Previous investigations
(cf. Behr 1990) have invariably found that parents and pupils quote poor marks and school
performance as reasons for choosing private tuition. Competitive advantages gained over their
peers by these means are generally regarded as unjust with regard to equal educational op-
portunity.

To date, such surveys show that a decision, taken on the basis of poor performance, to pay
for tuition leads in time to an evaluation of other criteria. This is confirmed by the fact that
tuition continues even after a long period of unchanging results. More profound comments on
the individual criteria are not made and must still be investigated.

Do parents notice a major change in the behaviour of their children during a period of pri-
vate tuition? If so, where does this change occur according to the parents? Is the possible goal
quoted by Oster (1997) from the point of view of the pupils, i.e. being able to learn without
extra tuition, also the parents’ goal, or is the tutor simply a welcome substitute for the parents’
presence during homework? Do parents expect private tuition to bring about a change in the
attitude of their children to learning? In such a case, how are these changes achieved? Does
their own experience with private tuition have an effect on the tuition of their children? What
is the parents’ own conception of the private tuition? These are just some possible questions
that could be part of the framework of interviewing documentation.
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Support from parents

Another aspect of the investigation is concerned with the type and extent of any support
the parents might provide before or during periods of private tuition.

In his investigations by means of questionnaires, Behr (1990) determined that more than
50% of parents have very little or no contact to the private tutor. What do parents regard as
the reasons for this? The consequences of this lack of contact for the relationships between
the pupil, tutor and specialist teacher with regard to content, method, didactic, education and
communication will have to be more closely investigated.

One type of support provided by parents is the financing of tuition. Due to changes in the
social structure - e.g. the high degree of unemployment - parents now seem to be keen to take
advantage of private tuition to ensure that their children achieve satisfactory qualifications.
The increasing number of private tuition centres could be regarded as proof of that. Questions
then arise, however, that demand elucidating answers.

To what extent has the financing of private tuition changed over the last few years? To
what extent is the pupil’s motivation and willingness to work dependent on whether the par-
ents or the pupils are footing the bill (the pupil, for example, from pocket-money or a part-
time paid job)?

Examples of some general questions on this issue would be:

e How do parents support their children at all in learning mathematics?
e  Does the nature of their support change during a period of private tuition?

Choice of tutor

The choice of tutor also poses many questions for parents with regard to the criteria in-
volved. For example, the age, sex, and qualifications of the tutor are obviously important. To
what extent do parents choose people from the pupil’s immediate surroundings (relations, ac-
quaintances)? Why are private institutes often preferred? The influence of the availability of
individual or group teaching methods on the choice made and on the motivation and success
of the pupil must also be examined more closely.

Outlook

The present state of research on private tuition with regard to the role played by parents
therefore leaves open a wide field for the determination of interrelations and influencing fac-
tors. The use of video documentation in such work can comprehensively and authentically re-
flect the personal views of parents and has therefore been chosen as the research method in
this case.
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- Mathematical World Views of Some Seventh-
Graders

Beginning of Research

Introduction

The mathematical word view of a pupil plays an important role when the pupil is learning
and doing mathematics. The aim of my research is to find the mathematical word view of
some pupils in one seventh grade just at the beginning of the lower secondary school and then
to teach them three years. After that I will examine if the mathematical world view has
changed during the three-year teaching period. Many kinds of research methods will be used
during these three years. The research is a case study and the methods are qualitative: inter-
views, observation, written material like tests, tasks and so on, but there is also the same
questionnaire to fill both at the beginning and at the end of the research. The teacher is the
same person as the researcher. When I am teaching I try to organise my teaching so that the
pupils can study and learn mathematics in a constructivist manner.

The pupils of this study are in the seventh grade of a Varkaus lower secondary school. The
seventh-graders are thirteen years old. They come from four different primary schools. They
have started their learning at the secondary school in August 1996. The number of the pupils
is 18, of which 7 are girls and 11 are boys.

In Finland the National Board of Education has in 1996 started a new effort to raise
mathematical and scientific knowledge and know-how in Finland to the international stan-
dard. This school in Varkaus, where I teach, is one of the schools that belongs to the devel-
opment and information network. Therefore last year all the new pupils are asked if they are
interested in this effort. So many pupils were interested in it that three classes consist of them.
This class I teach is one of them. However this class consists of other pupils, too. This class
consists of pupils, who came from the Swedish-language primary school and also those whose
religion is orthodoxy. Later in autumn the pupils have told that in the primary school some
teachers had said that it does not matter if they are interested or not. So some pupils were in-
terested in order to be at the same class with his or her friend. I think that this class is a nor-
mal class in our school.

With these questions I try to find some parts of the world view:
e  What is mathematics?

What is the way of doing mathematics?

What is the way of learning mathematics?

What is the teacher’s role?

What is the pupil’s role?
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Mathematical world view of the teacher

The teacher is an important person, when the pupils form their opinions of the mathematics
as a subject. She or he is not the only person, for the parents, the relatives, the friends etc.
have an effect on them, too. However the teacher with his/her beliefs about teaching mathe-
matics influences every lesson on the pupils. Traditionally the teacher gives the pupils a book
and teaches a rule with some different examples and the pupils have to practice to get the
routine. So the pupils have to calculate the tasks, first number one, then number two, etc. To
get the right answer is the most important goal. Everybody must try to solve the tasks himself.
If the pupils do not understand, they have to memorise the rules. Later they have to do a test
so that the teacher can see, if the pupils have learned or not. Probably the pupils say that
mathematics is calculation, mathematics is boring, mathematics is memorising and mathe-
matics is difficult.

For some years ago I was the teacher with rules and routines. I tried to divide the concept
into smaller parties so that the pupils could better understand it. My experiences of teaching
were based solely on rules and routines. I have never seen how the teaching works with a con-
structivist way. I think it would be easier if I had been with in such a lesson. Now I am trying
to find a new conception of teaching. It is not easy. I know that I myself must find out what I
think mathematics is all about. I think that teaching should include rules and routines, discus-
sion and games and also open-approach problems (Thompson 1991, Lindgren 1996) or
mathematics could be a toolbox, system and process (Dionne 1984). What is the proportion
between them? I think one difficulty is in it that I have only three lessons a week, together at
most three times 38 lessons, in general three times 36 lessons a year. How can I plan my
teaching so that there are routine tasks and all sorts of problems in a convenient proportion? I
always realise that it takes much more time to get the pupils understand themselves the con-
cepts I am teaching than to give them a rule and some tasks to practice the rule.

The pupils are not used to find out things themselves either. They say to me: “You always
first give the problems and afterwards say to us, how to solve them. Why do you not teach
them first and then give us the tasks?” Although the tasks are in such an order that first they
should look at the task and its solution, then there is the beginning of another task and they
have to continue, and at last they have to do the task completely themselves. However they
say to me: “Why do you not teach the thing?” “I suppose the teacher is here in order to teach.”
“Do not say, think.” They are used to that the teacher says what to do. They are used to that
all the problems the teacher gives them to solve, could be solved with the given method. They
do not have to use their brains.

I think that different pupils need to be taught in different ways. For example in our school
in the eighth grade we have a habit of dividing the pupils of three classes into three new
groups depending of their future plans and their earlier learning. If I have to teach a group,
where the pupils are not interested in mathematics or interested in school at all, it is really dif-
ficult to get them to think themselves. On the contrary if all the pupils know that they need
mathematics in their future studying or mathematics has been easy for them, it is more prob-
able to get them together to think how to solve a problem without giving them a rule.

The pupils are used to that the teacher is the person, who tells whether the answer is right
or wrong. It is not easy for me to remember that I cannot say to the pupils in the discussion if
the answer 1s right or not. I ought to wait for the other pupils’ reaction to the answer. Some-
times when the pupils have had the possibility to decide themselves about the correct answer
the lesson has been very good. I have only directed the discussion to the right direction. Some
were impatient and said: “Why can’t you tell the right answer?” but some liked the discussion
very much.
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All my pupils sit in the class in groups of three or four pupils. When they solve problems
they are allowed to discuss with each other. But it is not the problems all of them talk about. I
think it is every possible thing except the problem some of them talk about. And then they
say: “l do not know how to solve the problem” or “I do not understand these at all”. But on
the contrary there are groups, which discuss very eagerly about the problem and argue on be-
half of their opinions. In such a group everybody tells the others, if he or she has not under-
stood something. They really teach each others.

I am trying to tell the pupils that learning is using manipulatives, playing learning games,
talking to each other, discussing other strategies to solve the problems, thinking and under-
standing, not memorising or learning by heart. Of course learning is practice, too. However |
want to show that mathematics belongs to every day life and mathematics ought to be fun,
t00.

Beginning of the study

In autumn when 1 started with my class 1 asked them to write some sentences about a
theme ’Mathematics is’. I asked them to tell, what they think mathematics is, what kinds of
things they think belong to mathematics, to mathematics lessons, to learning mathematics or
to teaching mathematics, where do they use mathematics.

The boys say that mathematics is calculating: adding, subtracting, multiplying, dividing
and geometry. Difficult problems belong to mathematics. Eight of eleven boys say that it is
boring. It is rather difficult, difficult or very difficult depending of the boy. It is complicated
and a little hard but some of them say that it is useful, important for their future life and they
will have benefit in it in jobs. One of the boys says that he do not like mathematics but no-
body says that he likes it. Nobody is good at it but one says that he manages. Two of them say
that mathematics is sometimes nice and sometimes difficult. One boy writes: “Mathematics is
nice if you have easy problems or you understand something about it and it is boring if you
have difficult problems and you do not understand anything”. The other writes: “I personally
do not like mathematics. But perhaps you find some positive things about mathematics, but
you need to look for them™.

One of the girls writes that “mathematics is calculating in different situations and it is
needed in ordinary life”. Girls say that mathematics is an important subject at school. Nobody
1s good at it but some of them like it. One girl “did not like mathematics at the beginning” but
now she knows how understands that it is important to know it, because “if you cannot do
mathematics you are in trouble”. Some say that mathematics is rather difficult but no girl says
that mathematics is boring. The girls think that “the teacher must teach well and take into ac-
count those pupils who have problems with mathematics”. “When somebody do not under-
stand she or he could take extra lessons.”

After every lesson I have made notes about the lessons, what is the subject matter, what is
the lesson like, some comments of the pupils. In autumn I tried to make a questionnaire to
find out their mathematical world view. Some of the statements are my own, some are from
different questionnaires. Many of the questionnaires are made for older students or teachers.
They were not suitable as they are. I think that the language of the statements could not be too
difficult so that the pupils could understand the statements without asking help.
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In the questionnaire there is a part with 18 sentences (Dutton, 1988; Philippou & Christou,
1996):

Mathematics thrills me and [ like it better than any other subject.

I never get tired working with mathematics

I enjoy working and thinking about math problems outside school.

I would like to spend more time at school working on mathematics.

I enjoy seeing how rapidly and accurately I can work on problems.

I like mathematics because it is practical. (1)

Sometimes I enjoy the challenge presented by a mathematics problem.

[ enjoy doing problems when I know how to do them.

9. Mathematics is as important as any other subject. (1)

10. T like mathematics, but I like other subjects as well. (2)

11. T am not enthusiastic about mathematics, but I have no real dislike of it.(3)
12. T do not think mathematics is fun but I always want to do well in it. (2)

13. I do not feel sure of myself in mathematics. (2)

14. Mathematics is something you have to do even though it is not enjoyable. (3)
15. I have been always afraid of mathematics. (1)

16. I am afraid of doing word problems.

17. I have never liked mathematics.

18. I detest mathematics and avoid using them all the times. (1)

02 el ooy A R v B e

That sentence they think to be the best suitable for them, is asked to mark with number
one, the second with number two and the third with number three. That sentence, which does
not suit at all is asked to mark with a number nought. The sentences in the questionnaire are
in this order. The most positive ones are the first and the most negative ones are the last. The
11th sentence is neutral. The number at the end of the sentence tells how many pupils have
select this sentence to be the best suitable. The total number of the pupils is 16, because one
girl has chosen many sentences and one boy did not answer the questionnaire.

Table 1 shows how the pupils have selected the sentences of the questionnaire. The num-
bers from 1 to 16 are the same as above. It is possible to see that only four pupils, two boys
and two girls, have chosen a positive sentence to be the best suitable, three pupils have chosen
the neutral sentence and the rest the negative one. One pupil, the boy 5 hates mathematics.
Seven pupils find the most unsuitable the sentence "Mathematics thrills me and I like it better
than any other subject.” ’I detest mathematics and avoid using them all the times.” is the sen-
tence three pupils think to be the most unsuitable. Clearly it turns out that the pupils do not
like mathematics. Although the number of the positive sentences is greater than the number of
the negative ones, the pupils have chosen positive sentences less than negative ones, even if
you look at the first three choices. The most negative boy has chosen the sentence 18 as the
most suitable and the sentence 1 as the most unsuitable, but the most positive boy has chosen
the sentence 6 as the most suitable and the sentence 18 as the most unsuitable.

To find out the pupils with different mathematical world view I decided to choose one pu-
pil of them, who had chosen the sentences 6, 9, 10, 11, 12, 13, 14, 15 and 18. So I had 9 pu-
pils, who I will interview. The boy 1, the boy 6, the boy 3 and boy 5 were obvious, but the
boy 5 answered that he will not be the interviewee. After that I had to choose those who had
the other sentences as the most suitable. I have their opinions about mathematics in another
part of the questionnaire. There are together 14 sentences. I used the opinions of mathematics

-

Mathematical World Views of Some Seventh-Graders 49

to select the ones, who have either the most positive or the most negative opinions or wh_o did
not Say it at all. Together I have interviewed 8 pupils. Two of them wanted to be the inter-

viewees.

1 2 3 4 5 6 7 & 9 10 11 12 13 14 15 16 17 18

Boy | 12 0
Boy 2 0 3 1 2
Boy 3 2 1
Boy 4 0 3 1
Boy 5 0 3 2 1
Boy 6 2 1 3 0
Boy 7 0 1 2 3
Boy 8 0 3 2 1
Boy 9 0 2 13
Boy 10 0 1 3 2
Girl 2 0 1 3 2
Girl 3 0 2 3 1
Girl 4 3 1 2 0
Girl 5 1 2
Girl 6 3 2 1 0
Girl 7 0 3 1 2

0| 7 1 1 1 3

1 1 12 3 2 2 3 1 1

2 2 1 2 4 5 1 1

3 1 1 2 3 1 1 1 2 1

7 1 1 0 1 1 3 3 7 3 3 3 7 9 3 2 2 4

Table 1. Pupils as mathematics learners.

In the autumn, after they had learned geometry I asked them some questions like *what is
their goal, when they are learning mathematics’, "how well they have reached their goal’,
'what they can do if they have not reached it’, *how do they do their homework’. In Novem-
ber they made the test, that belongs to the pilot study and they answered the questionnaire,
too. In December and in January I interviewed some of the pupils. I asked the parents, where
do they use mathematics in their jobs or in general. In February I asked the pupils to draw a
mathematics lesson. Later in May I will ask them again "What kinds of things belongs to
mathematics?’.
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Drug Calculation Ability of Practical Nurses

Introduction

‘Practical nurse’ is a new upper secondary vocational qualification (cf. Figuresl and 2) in
social and health care in Finland. The first practical nurses (from two and a half year training)
obtained their certificates in December 1995. The training is under continuous evaluation and
development. One part of this kind of follow-up was a national test given to all qualifying
practical nurses on 28" November, 1995.

Universities

y Vocational higher
education

(polytechnic)
colleges

I

Upper secondary Upper
general education secondary
(3 years) vocational
* education

[y A

Comprehensive school ( 9 years)

Figure 1. The Finnish education system.
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SPECIAL MODULES 20 credits
Emergency care

Oral hygiene

Nursing and caring

Social work among children, adolescents and families
Care of the aged

Care of the disabled

Mental health care, social work with people in crises and
with intoxicant abusers

BASIC MODULES 50 credits
The support and guidance of growth

Basic care and nursing

Rehabilitation

Studies common to all 20 credits

(includes 3 credits of mathematics)

Elective studies 10 credits

Figure 2. Vocational qualification in social and health care, practical nurse
(contents of the course: 100 credits)

The term “credit” refers to an average of 40-hour input of work by the student.

1. Purpose and methods of the study

The purpose of this study was to analyse the drug calculation ability of practical nurses.
Among other tasks there was one drug calculation exercise in the national test. In my study
I examined one particular example of drug calculation in 3344 papers.

The.task was as follows:
Mrs Malmi (aged 64) is to take 40 IU of insulin. The strength of insulin is 100 1U/ml. How
much should the patient be taking?

"

Drug Calculation Ability of Practical Nurses o3

The differences between the skills in different school types, different calculation styles and
the special modules chosen by the students were examined.

53,6 % of the students managed to solve the calculation, the best results were attained in
the schools of health care (67 %) and among the students who had chosen emergency care as
their special module. Mathematical reasoning was the best method to calculate. In this study I
have also analysed the errors made by the students.

FORMULA
22%

PROPORTION
49 %

REASONING
29 %

Figure 3. The calculation method used.

The three methods which the students can use to solve dosage calculations are: formula,
mathematical reasoning and proportion. In this test proportion was the most popular method
(Figure 3.) However, mathematical reasoning was the best method to calculate (see F igure 4.)

REASONING

(n=700) ”

PROPORTION L

(n=1140)

FORMULA .

(n=533)

0 10 20 30 40 50 60 70 80 S0 100
PERCENT

Figure 4. Correct answers / different calculation method.
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Here are some examples of the errors made by the students:

1. The method used: Formula

Ordered quantity of the active ingredient of a drug

Dose =
Strength of a drug

ﬁ’% i
VO}ch A wif

160 K?/ﬂﬂl 'O k!j 2 4 000 mL

4000 DO tyfml - iy qmll
w00

When using the formula as a method to calculate there is a risk of remembering it the
wrong way. Many students also mixed percentages and millions (in antibiotics there are mil-
lions of international units) in this calculation.

2. The method used: Proportion

VG T
Wy x ¥=100 _

q-o--%ﬁw.
ooky . 00x = 40
L}G'MK A 0% ® M0
00 £ 40-1 K=
50 1= 40 108,
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The explanations for these errors are on the one hand that some students think that in divi-
sion you must always divide the bigger number by the smaller one. On the other hand, the
students make many mistakes when they must calculate without a calculator.

3. The method used: Reasoning

noky 1ml 700 100 ky 1o
,-Z,KZ}f 100mi fv 4o %)t; //g:?:,r
P do00m H0ky [9bmi
Wh \Lé = A

N vy F Ay

00 \LJ =, Py Y

. |

In mathematical reasoning the errors can also be conceptual or computational.

3. Further Research

Error analysis as a tool in learning drug calculations; the idea is that errors provide a win-
dow to a student’s internal thinking processes and help the teacher to understand better why
students make errors in drug calculations and why some students consider them difficult. The
aim is to improve the learning and instruction of drug calculations.

Example: 1 asked my student to convert 2,5 g to mg. She told me that it is 2500 mg, and |
asked her to tell me how she knew that. She said that when you convert grams to milligrams
the answer always has four numbers. Later she converted 0,5 g to mg and got the following
answer: 0,005 mg (four numbers!). She knew that it couldn’t be 5000 mg and 500 mg only
has three numbers.
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What Does It Take To Be Successful in
Mathematics?

An Empirical Study Investigating Pre-service Teachers’ Attributions of
- Mathematical and Language Arts Achievement, and Their Confidence in
Teaching.

1. Introduction

The importance of causal attribution for students’ motivation to learn is well known. Al-
ready in 1974 Heckhausen’s process model of motivation was published in the widely read
book: Funk-Kolleg Padagogische Psychologie. Kuendiger (1982 ) applied the model to
mathematics learning. Both publications stress the importance of attributions not only for stu-
dents’ motivation but also for cognitive learning. Borkowski et al. (1990) summarizes recent
research studies which show the connection between attributional beliefs, knowledge about
learning strategies and the development of knowledge, as well as the relationship between at-
tributional beliefs, self-efficacy, self-esteem, affect and metacognition and academic perform-
ance. An overview about different theoretical approaches and corresponding studies that link
attributions with achievement is provided in Heckhausen (1989). With regard to mathematics
education, until recently attribution theory was used nearly exclusively to explain difference
in motivation only, in particular to explain gender related differences in students’ motivation
to learn mathematics (Leder 1992, McLeod 1992).

To date the majority of studies dealing with teachers’ mathematics related beliefs, investi-
gates beliefs on the nature of mathematics, e.g., mathematics as process/product. A recent
summary by Pehkonen (1994) shows that only few of these studies focus on pre-service
teachers (see also Torner & Pehkonen, 1996). In addition, there is a lack of studies on the be-
liefs pre-service teachers have about themselves (Pintrich, 1990). The research study pre-
sented here focuses on the latter aspect. It investigated the attributional beliefs pre-service
teachers had established about themselves as former learners of mathematics and language
arts before enrolling in a teacher training program, and how these perceptions influenced their
confidence in teaching the two subject area.

2. The concept “learning history”

Motivation theory based on attribution has been well researched within the context of stu-
dent achievement. Although different models have been used in research studies, the follow-
ing aspects, which are relevant for this study, have been generally accepted:

Cumulative achievement experiences in a subject matter, e.g., mathematics, lead to the de-
velopment of a subject matter related self-concept which includes perceptions about once per-
formance standard and its causal attributions. The latter are referred to as attributional styles
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which are relative stable over time as they are developed based on cumulative past experi-
ences. The perceived level of performance and its attributions serve as a motivational frame-
work for the next achievement situation related to the subject matter for which they were de-
veloped (Heckhausen 1989, Chap.14&15) and thus influence -besides other variables - stu-
dents’ confidence in their cognitive skills to perform the succeeding task. These self-efficacy
beliefs (Bandura 1986) are relatively domain-specific and have to be distinguished from stu-
dents’ outcome expectancies related to a specific task. A student may belief that s/he will be
successful in a mathematics class, because s/he is very good at mathematics but nevertheless
expects a poor grade in the test just finished, because s/he did not prepare her/himself.

On entering a teacher training program, pre-service teachers generally do not have any
previous experiences in teaching mathematics, which would allow them to establish percep-
tions about their ability to teach the subject. Yet, they do have established precise perceptions
about themselves as former learners of mathematics, in particular, about their mathematical
achievement level and about the causes they consider being relevant to explain this achieve-
ment. A series of research studies investigated this motivational system pre-service teachers
bring to the profession, in particular if it provides the basis on which prospective teachers
judge perceptions they have about themselves as future teachers. The above considerations
hold not only for mathematics but for language arts as well.

Based on several pilot studies (Kuendiger 1987, Kuendiger 1989) Kuendiger (1990) pro-
vide the empirical evidence on the link between pre-service teachers’ perceived former
mathematical achievement and its attributions. Teachers had to indicate the applicability of
each of the following attributions:

ability, lack of ability

effort, lack of effort

good, bad luck

easiness, difficulty of mathematics
good, poor teachers’ explanation
help, lack of help by others.

e & o e o

Based on their perceived former mathematical achievement two groups of primary/junior
teachers were formed: one group consisted of pre-service teachers who perceived their former
performance as above average, the other group perceived it as average or below average. The
two groups of teachers used distinctively different attributions to explain their mathematical
achievement. Significant differences (p<0.01)were found for ability and lack of ability, lack
of effort, easiness and difficulty of mathematics, poor teachers’ explanation, and lack of help
by others. The differences were in the expected direction: primary/junior teachers with an
above average perceived performance decisively attributed their achievement to ability and
not to lack of ability nor to lack of effort, poor teachers’ explanation or lack of help by others.
Moreover, this group considered the attribution “math is easy” as more applicable and the at-
tribution “math is difficult” as less applicable than the group with the lower past performance.
Both groups considered effort as equally applicable. In summary, teachers who judged their
former achievement as high used a favorable attributional style, those with lower achievement
used an unfavorable attribution style. Most importantly, prospective teachers who judged their
past performance as high, and thus indicating that they think of themselves as having been
successful in mathematics, attributed this success clearly to their ability, a stable, uncontrolla-
ble, internal attribution, and to effort an internal, controllable attribution. Prospective teachers,

-
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who think of themselves as having been less success in mathematics, had also put forward ef-
fort but as the achievement outcome consistently was not very high, they concluded that lack
of ability was at least a partial factor. These attributional differences are in line with research
conducted within the area of learned helplessness - mastery learning (Heckhausen 1989
pp.423 ff.). Low ability attribution is often referred to as dysfunctional attribution as it is
likely to lower an individual’s potential to achieve in the succeeding task.

In the research study of Kuendiger (1990) participants were asked to indicate cumulative
past performance level. The connection between perceived former performance and its attri-
butions was found to be stable over time, i.e., samples investigated in two consecutive years
yielded the same results based on an overall sample size of more than 300. Moreover, the av-
erage Gamma coefficient for the test-retest reliability for all items related to this set of vari-
able was more than 0.80. Thus, it was concluded that perceived former performance together
with its attribution constitutes a well established motivational system which was called
“mathematical learning history” and that the variable “perceived former performance” can be
used to identify groups of individuals with different learning histories.

On entering a teacher training program prospective teachers see themselves confronted
with a novel task, i.e., teaching. With regard to teaching mathematics their mathematical
learning history is the motivational system closest related to the new task. The above study
found that primary/junior teachers with a less favorable mathematical learning history not
only were less confident to teach mathematics, but also considered their personal insuffi-
ciency as a more relevant reason to explain students’ lack of progress in mathematics. Thus, it
was concluded that the mathematical learning history constitutes a motivational framework
which influences prospective teachers’ perceptions of themselves as future mathematics
teachers. Moreover, it was found that those individuals who strove for teaching in kindergar-
ten to grade 6 had a less favorable mathematical learning history than those who strove for
teaching in grade 4 to 10. Both groups of teachers became more confident in teaching mathe-
matics during the course of a one year teacher training program, yet the program did not suc-
ceed in overriding the impact of the mathematical learning history.

Kellenberger and Kuendiger (1993) applied the concept of learning history not only to
mathematics but also to language arts. They investigated the relationship between subject-
related learning history and self-efficacy of prospective primary/junior teachers (N=194). In
this study the learning history was measured in a slightly different way. The attributions “in-
terest” and “lack of interest” were added to allow for a more differentiated comparison be-
tween subject areas. Moreover, the format of the questionnaire was altered. Participants no
longer had to evaluate each reason, but were asked to name those attributions which were
most applicable and somewhat applicable. Concurrent with the results found by Kuendiger
(1990), pre-service teachers used causal attributions which corresponded with their perceived
former achievement level. Comparison between subject areas turned out to be limited as there
were hardly any participants who judged their past performance in language arts as average or
below average.

The relationship between learning history and self-efficacy was most apparent for pre-
service teachers with a less favorable learning history in mathematics and a more favorable
learning history in language arts (Low-High group). Teachers in this group judged themselves
as significantly less able to influence students’ effort, interest, achievement in mathematics
than in language arts. Moreover, when the Low-High group was compared with a group of
pre-service teachers which had a favorable learning history in both subjects (High-High
group), the Low-High group judged themselves as significantly less able to influence stu-
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dents’ mathematical achievement than the latter group. In summary, differences in pre-service
teachers’ learning history lead to differences in their perception of self-efficacy.

In addition to the above studies the concept of learning history was also applied to com-
puter education. Kellenberger (1994) found the subject-matter related learning history to have
a significant effect on Canadian pre-service teachers’ self-efficacy with regards to the use of
computers in teaching.

In a comparison study between pre-service primary/junior teachers in Ontario and Quebec
(Kuendiger, Gaulin & Kellenberger 1992, Kuendiger, Gaulin & Kellenberger 1993) the
learning history of prospective teachers and the attributions they used to explain achievement
of a high- and low-achieving students were measured. The questionnaire was comparable to
the one used in Kellenberger & Kuendiger (1993). Prospective teachers from both provinces
(N=441) had again a more positive learning history related to language arts than the one re-
lated to mathematics. Overall, the comparison of perceptions of these two groups of prospec-
tive teachers showed astonishing resemblances: they did not only use similar patterns for at-
tributing their own achievement in the two subject areas but also when they were asked to at-
tribute high and low student performance. Moreover, when asked to rank student effort, inter-
est, and achievement with regard to the influence they, as future teachers, would have, pre-
service teachers from both provinces ranked achievement the highest and interest the lowest.
This was true for mathematics as well as language arts. Despite these similarities significant
differences were found with regard to the relative importance of some of the attributions as
well as one aspect of perceived future self- efficacy; pre-service teachers in Ontario felt sig-
nificantly less confident to influence their students’ interest. The reported differences are sub-
stantial enough to suggest caution when generalizing results from one cultural setting to an-
other.

3. Objectives of the study

The above studies demonstrate that the concept of “learning history” is an important moti-
vational framework which influences the initial perceptions pre-service teachers develop
about themselves as teachers. So far all above mentioned research studies have been carried
out in Canada. Results presented below are part of a larger study whose main purpose was to
investigate the relevance of the concept “learning history” for German pre-service teachers as
it relates to mathematics and language arts (German). First results are published in Kuendiger,
Schmidt & Kellenberger (1997) and Kuendiger & Schmidt (1997). The questions addressed in
this paper relate to two areas:

First, it was investigated if prospective German primary teachers with different perceived
past performance call upon distinctively different attributions to explain this performance, that
justify a classification along favorable-unfavorable learning history for the subject areas
mathematics and German (language arts). Morever, the question was addressed, if the same
attributions are considered being relevant for achievement in mathematics and language arts.

Second, this study was to investigate the relationship between learning history and confi-
dence in teaching in more detail. Earlier studies that investigated the learning history used the
variable “perceived former performance” to identify individuals with a favorable/unfavorable
learning history. Although the results obtained by this method proved to be consistent and
meaningful ( Kellenberger & Kuendiger 1993, Kuendiger 1990, Kuendiger, Gaulin & Kellen-
berger 1993) one could argue that the variable perceived former performance is a rather quick
and dirty method to identify individuals with different motivational systems when relation-
ships between learning history and teaching related variables were investigated. Thus, in this
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study the relationship between learning history and confidence in teaching was investigated
by relating attributions and confidence in teaching. Accordingly the following questions were
investigated: Is there a relationship between perceived past performance and confidence in
teaching, and is the use or not-use of a particular attribution related to differences in the vari-
able “confidence in teaching”? In particular, is the relationship different for mathematics and
German?

4. Data gathering and analysis

Data were gathered via a questionnaire. The learning history in both subject areas was
measured similar to Kellenberger & Kuendiger (1993). Participants were asked to recall their
own learning and to indicate their perceived former achievement level on a five-point Likert
scale ranging from excellent to poor. In addition, they chose from a list of provided attribu-
tions, those that were most applicable to explain their past achievement. Compared to earlier
studies, the attributions “general intelligence™ and “lack of general intelligence” were added.
The full list of provided attributions is listed on the tables and figures below.

Moreover, participants were asked to indicate their confidence in teaching either subject
area in the future on a five-point Likert scale reaching from very confident to not at all confi-
dent. In addition, the questionnaire gathered demographic information and other variables not
considered here.

The participants of this study were pre-service teachers (17% male, 83% female) enrolled
at the University of Hamburg in their second year and pre-service teachers (5% male, 95%
female) enrolled at the University of Kéln in their first year (see Table 1 for sample sizes).
Subjects ranged in age from 19 to 38, the mean age in Hamburg was MHamburg = 23.3, the
one for K6ln was MK6ln = 22.2. The questionnaire was distributed in both universities at the
end of course,

The pre-service programs in both universities prepare students to teach within elementary
schools. Although the programs are structured differently (for details see Kuendiger, Schmidt,
Kellenberger (1997)), one can identify two groups of students which are comparable between

the universities. These are those who specialized in one of the subject areas and those who did
not.

According to the non-interval nature of the data non-parametric tests were used. To test the
impact of achievement and place of study on the use of a specific attribution log-linear mod-
els (e.g., Darlington 1990) were used. The results of the log-linear analyses can be interpreted
similar to those of analyses of variances (see Table 3). A significance level of 1% was used
throughout the study.

5. Results

3.1 Achievement and confidence in teaching

Tables 1 and 2 provide descriptive information on how pre-service teachers judged their
past performance in mathematics and in German, and how confident they were teaching, re-
spectively. It has to be noted that only one student had mathematics as well as German as
teachable subject. As a general trend one can observe, that pre-service teachers who special-
ized in a subject area, judged their past performance as higher and were more confident
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teaching this area (for further discussion on the differences between universities see Kuendi-
ger & Schmidt 1997).

in Mathematics

specialized in | below average average above average
P total N
mathematics (lor2) (3) (4 or5)
no 36.4 45.8 17.8 100 107
Hamburg ves 79 316 603 100 18
. no 5.1 42.9 42.0 100 119
L yes not consequential 1
in German (language aris)s
specialized in | not confident neutral confident _— N
German (1or2) (3) (4 or 5)
no 9.9 56.8 333 100 111
SRR ves 0.0 324 67.6 100 34
. no 5.5 63.7 30.8 100 91
L B 69 4 517 700 39
Table I. Perceived former achievement (achievement in %).
Mathematics
specialized in | not confident neutral confident total N
mathematics (1or2) 3) (4 or5)
no 37.8 28.9 333 100 90
Hambug yes 16.1 258 58.1 100 31
. no 9.6 20.9 69.9 100 115
Kbl yes not consequential 1
German (language arts)
specialized in | not confident neutral confident total N
German (1or2) (3) (4 or5)
no 22.2 322 45.6 100 90
Hamburg Jes B 39.0 643 700 31
¥ no 14.8 23.9 61.4 100 88
L yes 36 17.0 786 700 78
Table 2. Confidence in teaching (confidence in %).
5.2 Learning history

In the log-linear analyses a specific attribution is looked upon as a function of past
achievement and place of study (see Table 3). The results are based on those future teachers
who did not specialized in math or German respectively. Thus, pre-service teachers with
comparable background in mathematics and in German were investigated.

o
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for mathematics
achievement city achievement
attribution Ch p Ch p Ll p
(df<4) (dr=1) (df=4)
intelligence 35.11 * 0.65 3.28
math ability 48.71 i 0.66 1.90
effort 11.37 2.33 3.77
interest 39.97 ¥ 0.18 2.88
easy subject 3.05 2.15 1.30
teacher’s ability 45.65 * 3.34 2.84
help from others 531 0.96 )72
| lack of intelligence 159 3.49 0.00
lack of math ability 53.86 * 0.01 0.11
lack of effort 30.98 * 1.69 2.57
lack of interest 29.42 % 1.90 8.92
difficult subject 15.21 * 6.09 1.58
lack of teacher’s ability 35.3 * 1.23 3.02
lack of help from others 9.42 1.25 4.25
* p<0.01
for German (language arts)
achievement city achievement
s g Chi Chi Chi
attribution (df=4) r (@df=1) p (df=1) p
intelligence 26.24 ¥ 1.88 5.13
math ability 60.55 * 0.02 0.06
effort 2.62 241 1.43
interest 36.00 * 0.15 0.74
easy subject 19.02 * 1.81 0.05
‘| teacher’s ability 10.67 1.51 4.76
help from others 2.74 0.29 1.73
lack of intelligence 0.91 1.48 0.00
lack of math ability 22.44 * 0.09 0.10
lack of effort 12.05 0.01 6.34
lack of interest 3294 * 0.17 2.65
difficult subject 2.52 0.02 2.50
lack of teacher’s ability 20.70 * 3.12 223
lack of help from others 3:37 0.74 6.38

* p<0.01

Table 3. Summary for the different attributions as a Junction of achievement and city.
(Log-linear analysis for non-specialists)

. Table 3 shows that for mathematics as well as German the use of a particular attribution
dlc.i not depend on the place of study (city). Moreover, no significant interactions between
“91ty” and “achievement” were found for any of the attributions. The use or not use of an at-
tr_lbution was influenced only by the level of past achievement. For mathematics 9 significant
differences were found, for German 7 were found. To facilitate the interpretation of these dif-
ferences the results of Table 3 were presented graphically by forming three achievement
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groups (see Figure la & b) and by plotting the medians for each attribution (0 = attribution
not used, 1 = attribution used).
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For both subject areas the relationship between level of achievement and use of attribution
was meaningful: Higher achievement was associated with favorable attributions, i.e., “intelli-
gence”, “math ability”, “interest” and “teacher’s ability” for mathematics and “intelligence”,
“German ability”, “interest” and “easy subject” for German, Lower achievement was associ-
ated with unfavorable attributions, i.e., “lack of math ability”, “lack of effort”, “lack of inter-
est”, “difficult subject” and “lack of teacher’s ability” for mathematics and “lack of German
ability”, “lack of interest”, and “lack of teacher’s ability” for German.

In summary, the relationship between perceived past performance and use of attributions
which was found in earlier studies was confirmed. For both subject areas pre-service teachers,
who perceived their past performance as high, had developed a favorable attribution pattern
and thus, can be described as having a favorable learning history, whereas those who per-
ceived their past performance as low can be described as having an unfavorable learning his-
tory in mathematics and German, respectively.

Keeping in mind that the pre-service teachers explained cumulative past achievement, the
called upon attributions can be looked upon as generalized reasons. When those prospective
teachers who considered themselves as having been successful (above average achievement)
in mathematics were compared with those who considered themselves as not successful (be-
low average achievement) the corresponding attribution pattern can be interpreted as follows
(see Figure 1a): Successful pre-service teachers thought of themselves to be intelligent and
able in mathematics, and were interested in the subject area. Besides these internal reasons
they attributed their success to good teachers. Those, who judged their past mathematical
achievement as low, came to the conclusion that they lack mathematical ability and at the
same time admit that they lacked effort and interest. Besides these internal reasons mathe-
matics was blamed to be too difficult and the teacher was blamed for not having done a good
teaching job. The position of the three graphs in Figure 1a shows that - although there is some
variation - the relative importance of the above-mentioned attribution for high/low achieve-
ment is about the same. This is confirmed in Table 4a, where the frequencies with which an
attribution is chosen, alone and together with other attributions, are given based on the infor-
mation obtained from all participants, specialists and non- specialists.

When those prospective teachers who considered themselves as having been successful
(above average achievement) in German (language arts) were compared with those who con-
sidered themselves as not successful (below average achievement) the corresponding attribu-
tion pattern can be interpreted as follows (see Figure 1b): Successful pre-service teachers
thought of themselves to be intelligent and able in German, and were interested in the subject
area. Besides these internal reasons they attributed their success to good teachers and easiness
of the subject area. Those, who judge their past achievement as low, came to the conclusion
that they lack German ability and at the same time admitted that they lacked interest. Besides
these internal reasons the teacher was blamed for not having done a good teaching job.
Looking at Figure 1b with regard to the relative importance of the above attributions, “inter-
est” stands out as particularly important for high achievement in German. “Interest” is not
only the attribution mentioned the most to explain high achievement in German but it is also
mentioned more often than any attribution related to achievement in mathematics. The im-
Portance of “interest” for German is confirmed in Table 4b, which shows that it was - based
on the responses of all participants - by far the most frequently named reason.

When'one compares the two subject areas mathematics and German, one can derive that in
the mind of these pre-service teachers, general and subject area specific ability as well as in-
terest is important to achieve in either subject area, with interest playing a particular important
role for achievement in German. Failure does not indicate lack of general ability but is due to
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a lack of subject area specific ability. Thus, failure in one subject area does not necessarily
imply that one cannot be success in other areas. An additional cause for failure is lack of in-
terest. For mathematics lack of effort has to be added. Moreover, the teacher is blamed for
low achievement of his/her students. Yet, in mathematics the teacher is also given credit for
high achievement. Thus, the teacher seems to play a stronger role regarding achievement in
mathematics compared to the one in German. Moreover, the differences between the attribu-
tions used to explain achievement in mathematics and German showed, that mathematics is
looked upon as difficult (a reason for failure) and German as easy (a reason for success).
More significant differences were found for mathematics achievement than for achievement
in German. This indicates that the motivational framework related to mathematics is more
pronounced.

5.3 Confidence in teaching and attributions

The proceeding results show that all differences in attribution found between pre-service
teachers, who did not specialize in a subject area, can be explained by differences in their per-
ceived former achievement. The same holds for pre-service teachers who specialized in a
subject area (Kuendiger, Schmidt & Kellenberger 1997, Kuendiger & Schmidt 1997). Thus,
all participants were included in the analysis that compared the confidence in teaching of pre-
service teachers, who named a particular attribution, with those, who did not.

Table 4a shows that those pre-service teachers, who attributed their achievement in
mathematics to their mathematical ability, were more confident in teaching the subject than
those, who did not call upon this reason. The same was true for those who were interested in
mathematics. Thus, of the favorable attribution only those are relevant for expected future
success in teaching, that are internal and related to mathematics. Pre-service teachers who
chose the attribution “lack of ability”, “lack of effort™ and/or “lack of interest” were less con-
fident in teaching then those who did not. In addition, the attribution “lack of help from oth-
ers” resulted in a significant difference. Yet, only 16 of 264 pre-service teachers chose this
attribution, alone or with other attributions. Therefore, the following interpretation seems war-
ranted: if a person really feels the need to blame others for his/her low achievement, then it
does not surprise when the same person is not very confident teaching mathematics either.

Disregarding the latter result, because it affected only very few participants, one can sum-
marize: attributions relevant for teaching were a subset of those linked with a favor-
able/unfavorable learning history. They are internal to the prospective teacher and are related
to mathematics. “Intelligence”, “teacher’s ability” and “lack of teacher’s ability”, which were
also relevant for explaining achievement do not carry over into perceptions related to future
teaching. These results make intuitive sense.

The attributions related to confidence in teaching German were “ability in German”, “in-
terest” and “lack of interest” (see Table 4b). These differences were in the expected direction
corresponding to those found for mathematics. For German there were only 3 attributions re-
lated to future teaching compared to 5 ( 6 respectively) in mathematics. When the attribution
pattern associated with achievement were discussed, more significant differences were found
for mathematics than for German, 9 compared to 7 (see Table 3). Therefor, in line with the
more differentiated motivational framework related to mathematical achievement, more attri-
butions are related to teaching mathematics than to teaching German.

Looking at the motivational aspects of learning how to teach mathematics, the above re-
sults suggest that those attributional causes which are related to confidence in teaching will be
transferred onto corresponding attributions, when beginning teachers evaluate their first
teaching experiences. If one admits that the evaluation of a mathematics lesson with regard to
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being successful or not successful, is more subjective than the result of a mathematical prob-
lem, the initial attributional style gains additional importance.

. Frequency with which
Mann-WhitneyU test an atg‘ibutizm was chosen
attribution P P alone with others
intelligence +1.71 5 66
math ability +4.10 ¥ 2 51
effort +0.22 5 61
interest +2.62 i 6 66
easy subject +2.45 0 12
| teacher’s ability +0.87 3 75
help from others -0.27 0 37
lack of intelligence -0.20 0 3
lack of math ability -3.59 * 3 51
lack of effort -3.52 * 7 47
lack of interest -3.20 * 2 39
difficult subject -0.53 1 39
lack of teacher’s ability -1.93 4 55
lack of help from others -2.68 * 3 11

*p<.0l,N=264.

Table 4a: Confidence in teaching mathematics.

Mann-Whitney U test Freqlllenc.y watleyhich
an attribution was chosen
attribution 2 P alone with others
.| intelligence +1.13 5 68
ability in German +4.12 * 2 63
effort +0.71 | 45
interest +4.14 * 30 151
easy subject -0.11 2 28
teacher’s ability +1.79 2 48
help from others -0.49 0 10
lack of intelligence -0.78 1 1
lack of ability in German -2.30 7 23
lack of effort +2.70 8 40
lack of interest -3.84 % 6 30
difficult subject -1.83 2 9
lack of teacher’s ability -1.46 3 37
lack of help from others -1.82 0 7

*p<.01,N=265.

Table 4b: Confidence in teaching German

+ (Comparison of pre-service teachers, who chose a specific attribution, with those who did not
choose this attribution to explain their former achievment.)
+ positive z-values mean that pre-service teachers who chose this attribution, are more confident in
teaching German compared to those who did not choose this attribution.
- negative z-values mean the opposite.

Beginning teachers, who enter the profession already with less confidence in their ability to
teach mathematics, are more likely to focus their self-evaluation on those parts of their teach-
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ing that are -objectively or subjectively- less successful and are likely to call upon attribu-
tional causes equivalent to those that were found to be related to lower confidence, i.e., lack
of ability to teach mathematics, lack of effort and interest, and - for some - lack of help by
others. In short, they enter a negative motivational cycle according to Heckhausen’s process
model. Following the same line of reasoning, beginning teachers who are very con_ﬁdept in
their initial ability and interest to teach mathematics, are likely to enter a positive motivational
gyele.

Looking at the motivational aspects of learning how to teach German, the same two favor-
able attributions linked to teaching mathematics are also linked to teaching German. These
are: “subject specific ability” and “interest”. Thus, one can infer that pre-service teachers who
use these attributions for their own achievement in German are also more likely to enter a
positive motivational cycle when they evaluate their first teaching experience. With regard to
the unfavorable attributions, the link between attribution and confidence in teaching is less
pronounced for German than for mathematics. The only attribution that showed a significant
difference for German is “lack of interest”. If the above line of reasoning is followed, i.e., that
perceived failure in teaching German is explained by lack of interest, then this attribut'ion
would not influence the beginning teacher’s self-concept of his/her ability to teach the subject
area. “Interest” is an internal reason that potentially can change, if the teacher decides to be-
come interested. '

The above described differences between mathematics and German with regard to unfa-
vorable attributions linked to lower confidence in teaching, may be explained, if one accepts
the assumptions that - although “failure/success in teaching mathematics” can be determined
less precisely than low/high mathematical achievement — “failure/success in teaching mathe-
matics” can be determined more “objectively” than “failure/success in teaching German”
when looking through the eyes of prospective teachers:

The teaching mode “teacher question - student answer” is considerably more frequent in
mathematics than in language arts. Due to the nature of mathematics and the way it is taught,
there is generally only one correct answer to each of these teacher questions. Whether the stu-
dent’s answer is correct or not, can be determined without any room for negotiation. On the
one hand, student failure is more likely to occur in mathematics, simply because there are
more questions, and “failure” is more clearly defined, on the other hand, it is accepted that the
teacher is more important in learning mathematics (see Table 3). Thus, student failure and the
teacher’s lack of ability to teach are more strongly linked for mathematics than for language
arts.

The above offered explanation is obviously highly speculative and does not explain the
similarity between mathematics and German with regard to the favorable attributions. Further
research is needed to clarify the above results.

6. Summary

The above described study first investigated the concept “learning history” for a sample of
German pre-service primary teachers. The relationship found between perceived past
achievement and the attributions used to explain this achievement, confirmed the results from
earlier studies: the above variables can be summaries in the concept “learning history” and
pre-service teachers can be classified with regard to possessing a more or less favorable
learhing history in mathematics as well as language arts (German). The two subject areas dif-
fered in part with regard to the attributions related to achievement and inferences were made
on what is relevant for success in either subject area.

—
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Second, the relationship between learning history and confidence in teaching was investi-
gated by linking the use/none-use of a specific attribution with the level of confidence in
teaching. For mathematics the results show that the concept “learning history” can be looked
upon as a motivational framework that sets the stage for pre-service teachers evaluation of
their initial teaching experiences. Implications of these results for teacher education are dis-
cussed in Kuendiger, Schmidt & Kellenberger (1997) as well as in Schmidt (1992) .

For language arts (German) the results were in part different from those for mathematics.
An explanation of these differences was offered by discussing the relative ambiguity of de-
termining failure in teaching language arts compared to teaching mathematics. '
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Teachers Mathematical Beliefs - Four Teacher
Cases

Background

In the second MAVI Workshop in March 1996 I discussed in my paper (see Kupari 1996)
about the changes in teachers’ beliefs of mathematics teaching and learning. The analysis was
based on the questionnaire data which was collected from the Finnish comprehensive schools
in 1990 and 1995. In both phases the belief inventory was presented to the teachers. It was
important that there were 15 same teachers in these study phases because it made possible to
analyse more closely the changes in beliefs taken place during five years.

In the spring 1996 I interviewed four of these 15 teachers to receive deeper and more per-
sonal information on teachers’ beliefs and thoughts. I chose the teachers so that they repre-
sented two different belief types and furthermore in the both types the other teacher was fe-
male and the other was male. This paper continues the analysis of the former article and it fo-

cuses on teachers’ mathematical beliefs and also their relationships to teaching practices on
the basis of the interview data.

About the method

In analysing teachers’ mathematical beliefs and changes in them I have used the so called
belief profile method (cf. Middleton et al. 1990). For all 68 teachers in the 1995 study mathe-
matical belief profiles were drawn by using the questionnaire data of that study. After that two
criterion profiles (teacher types) were selected for the purposes of analysing and comparing
teachers’ profiles. These types are called the traditional type and the innovative type (cf.
Neyland 1995). The traditional teacher type could be said to represent the behaviourist learn-
ing and teaching tradition. The content has broken down to a sequence of tasks to be mastered
and facts to be learned. The focus tends to be on what students can do, rather than on what
understandings and meanings have been achieved. Students are not really worried about their
understanding - they believe that if they can get right answers, then they understand. For the
innovative teacher type it would be typical the orientation towards the alternative approach of
teaching, i.e. the social constructivism. The teacher has the responsibility of aiding students’
reconstructive process, which involves learning the concepts, orientations, values and proc-
esses of the expert community.

For these 15 teachers which were same both in 1990 and 1995 we could draw two belief
profiles. Altogether, by using these belief profiles we could then compare teachers’ mathe-
matical beliefs in two ways. First, we could find the places where there were clear deviations
(changes) in one teacher’s (expressed) beliefs. Second, we could make comparisons with the
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criterion profiles and look at "the distance” between some teacher’s belief profile and the cri-

terion profile. B ‘
In the interviews two of the four teachers represented traditional teachers and the other two

innovative teachers. The interview method was thematic interview and the interview themes
were prepared on the basis of the questionnaire. One interview lasted about one and half
hours. Afterwards the interviews were transcribed. _ -
Now it is especially interesting to examine the relationship between the two types of in-
formation: the questionnaire data and interview data. How well do they match? In this paper.
the following two questions are discussed: ' _
e Do the interview data support the questionnaire results or are they contradictory in
some respect? _
e In what way does the interview data complement the questionnaire results?

Teacher cases: results and interpretations

In this part [ present some first results of teachers’ interviews. I describe here just two
teacher cases in a detailed way but the conclusions at the end of this paper are based on all the

interviews.

Case 1 (Teacher L: The female teacher, teaching experience 31 years)

Below (see Diagram 1) [ have presented teacher L’s belief proﬁles-. In my ciassiﬁf:?.tion
(the traditional type - the innovative type) teacher L could be locatec_l quite near the t'radl_tlo_nal
type. We can see in the diagram that this teacher’s mathematical beliefs has been quite similar
in 1990 and 1995. The following quotations will describe some aspects of her beliefs (two
statements:V23 and V12).

4

Agree

Disagree

0

VIeVI7 V9 V23 V22 VI8 V5 V2 V4 VI2 VI VI3V20 V6 V7 V8 VI4VISVI9V2I VIO V3 Vi
[+ Teh L/90=Tch L%

Diagram 1. The belief profiles of teacher L in 1990 and 1995.

V23: In the teaching one should clearly point out that mathematics is an essential part in our
culture.
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I think that parents appreciate mathematics...A great part of parents, I think, has
the opinion that mathematics is needed and it should be studied well. Of course,
there should be in school much more_all kind of connections to the society. We
have included just this in the curricula. Within this one lesson we Iry to go into the
issues of the day, it means sales, elections, competitions, new European money...
So that they would see where it is needed...

V12: The student need not necessarily understand every argument and procedure.
I am so old-fashioned that I think that a student himself is not able to (study)...
The question must be discussed together in some phase. 'Why do you think in this
way’ and then to find the mistakes in thinking. ..

According to the first quotation teacher L seems to understand that the important part of
the cultural nature of mathematics is to include a lot of social connections and everyday
situations in teaching. The second quotation reveals that teacher L finds it essential that there
are room in teaching to discuss and to make students to think and to understand.

In Diagram 1 there was just one point (A) where the belief profiles of teacher L were
clearly different. That statement concerned working with concrete material in mathematics
teaching and the following quotation expresses teacher L’s opinion in 1995. Perhaps teacher L
has found some new possibilities (in curricular issues or in teaching arrangements) to imple-

ment her instruction and this has also affected to her beliefs and attitude towards concrete
material

If I draw it so of course he/she will understand it... A great part of problems can
be solved by drawing. Then we have tried all kinds of measuring, sometimes con-
structing objects...They see the result and make a mistake in it, ‘oh I forgot the
deck of the box ... I think it is of some use to them.

The next diagram (Diagram 2) shows what are the differences in belief profiles between
teacher L and the criterion teacher. We can see that there are three clear deviations (A, B and
C) and some smaller differences in the profiles. The following quotations are consistent with
teacher L’s answers of the belief inventory and they tell that teacher L emphasises students’
understanding in teaching, that the way how the textbook is dividing the mathematical content
into parts is good for her and that she does not emphasise routine problems in her teaching.

A (Understanding of arguments and actions)
If (a student) does not understand in a certain way then I find quite easily an other
way to show on the object or the figure... I think I have the mathematical ability
that I can imagine it to some drawing or figure... When (a student) says something
wrong, so why. I am asking and sometimes we consciously go to quite a wrong
direction. I continue asking. The best thing was when some other student says
that he does not understand. I asked Jurther on. Then they themselves came to a

dead end. Then I laughed in my turn that I knew this but it is good that things are
clear now.

B (Facilitating learning by dividing the content into small parts)
Any one of teachers (in this school) does not follow his/her own style. I think that
everybody has this kind of style. We have liked this textbook... I suppose that most
- of us go it through in some way...
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ising routine problems) | .
. (Iflli}?;];zhtis;}s)lggr calculalz?ors so I have used quite much the 119.*"4:16!10.«31r rh?rtl gzv:zc ;l;e(;;
problems concerning the school environment. They start fo calcu c? eh pr o
books and new curtains for the class. They make th.e measure:’mem.s t em;i [(.)
Then on the 9th grade when they already know the' trigonometric funcnonstha;yzo
find something, for instance a ramp for wheelchairs. It cannot b_e steep;rr ran 20
degrees. They go and measure the ramps there... You may link it somehow

society.

Agree

Disagree

A B C

0Vl() V17 VO V23 V22 VI8 V5 V2 V4 VI2 VI VI3 V20 V6 V7 V& VI4 V15 VI9 V21 VIO V3 VIl

F@.Criterion 1.eTch L/9£1

Diagram 2. The belief profiles of teacher L and the criterion teacher (the traditional type).

Summing up the results of teacher L, I could say that the. picture of her ms}himlgt}c;aivzfé
liefs was not so traditional as I saw it through the questionnaire data. Tee_tcher E e; 1t:t ere
a mixture of different beliefs - as they usually are - and the.re were also 1nn(zlvzﬁ}ve eatu
her beliefs. Her descriptions about the approaches of teaching also supported this.

Case 2 (Teacher N: The male teacher, teacher experience 24 years)

In Diagram 3 you can see the belief profiles of teacher 'N. In (?ontrast to te.acl;e; If', tfeac%;:
N could be located nearer the innovative type on the basis of his mathem'atllcla be 11; 950 e
diagram reveals very well that also teacher N’s belief proﬁles were very similar 1fnh. s
in 1995. The first quotation will give the reader some impression of the nature of his

(the statement V16).

V16: During mathematics lessons one should emphaslise the importance 0; thmklng.t .
As is well known, the use of brains is exhausting and hard. How do you lgeh g
students to adopt an attitude that it is nice to solve prob{ems. They wourh at(e)
some joy when they solve problems. The biggest problem is that you get emful
think at all... students are a little bit shortsighted... Wef’l, I would be very lrcare ”
with the fact that if there were more time (in nTathematzcs) then the conten wq:t ‘
be expanded. I would not see any sense in this, really. But on the contrary, it i
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mathematical thinking that could be mainly improved and developed... perhaps to

encourage more to continue on the fields or branches where mathematics is
needed.

Agree

Disagree

A B C

0

V16 VI7 V9 V23 V22 VI8 V5 V2 V4 VI2 V1 VI3 V20 V6 V7 V8 V14 VIS VI9 V21 VIO Vi Vi
-« Tch N/90zTch N/91

Diagram 3. The belief profiles of teacher N in 1990 and | 993,

On the basis of the belief profiles some changes had possibly taken place in teacher N's
mathematical beliefs during 1990-95, Especially there were three point (A, B and C) where
the differences between profiles were clear. In the point A there was a question about the im-
portance of the exact and mathematically correct language in teaching but in the interviews no

signs concerning this issue could be found. The following quotations give some reasons or
explanations for the changes in the points B and C.

B (The frequent use of applications in teaching)
I'would like to go further to the direction that the teaching would really move to-
wards the problem-oriented approach. The problems in the textbooks would be
developed so that unnecessary parts could be cut out. It would be also good to
think more carefully what is it... what is really helpful for the development of

- mathematical thinking, for the skills of practical mathematics and Jor the needs of
everyday life.

C  (The importance of keeping order on the mathematics lesson)
I understand mathematics so that there should be about 10-15 minutes of the les-
son rather quiet time. I have this kind..., [ know that all teachers don’t undersign

this... I have this kind of habit that it is a quiet moment when everyone can think...
Then we think.

Usually the strict order could be regarded as characteristic to the traditional type of lesson
ere the teacher is the only authority. The teacher is always explaining the content and tell-
g what and how-to do. I understand that teacher N does not see the keeping order in the

Same way. For him 15 minutes quiet time means the time for students’ own thinking and con-
Centration,

wh

in
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In the last figure (Diagram 4) we can see that the belief profiles of teacher N and the crite-
rion teacher (the innovative type) are very similar. However there are three plac§s where the
differences seem to be clear. These statement deal with the importance of keepmg' order on
the lesson, the use of learning games in teaching and the role of _solution processes in assess-
ment. Through the interview data these differences can be seen in the new light, and in f.act
the mathematical beliefs of teacher N are more innovative than the beliefs of the criterion

teacher.

Agree

Disagree

0

V16 VI7 V9 V23 V22 VI8 V5 V2 V4 VI2 VI VI3 V20 V6 V7 V8 VI4 VI5 VI9 V21 VIO V3 VII
|@Criterion 2 Tch N/95]

Diagram 4. The belief profiles of teacher N and the criterion teacher (the innovative type).

Conclusions

The analysis of these four teacher cases was very useful and rewarding experience for. the
author. By combining the questionnaire results and the interviews the following conclusions
could be made. o ‘

First, the results support the multidimensional and flexible nature of teaghgrs beliefs. Th}s
means that there are quite different (traditional, formalist, ‘socioconstructivist’) features in
all teachers’ beliefs. Probably, the clustering nature of beliefs (cf. Green 1971? make_s it pos-
sible to hold also conflicting sets of beliefs and this can explain some of the inconsistencies
among the beliefs. Through the interviews the questionnaire results can be better understood
(the context-dependence of beliefs). N . _

Second, the questionnaire results indicated that the more tra(:l_ltlopal view was not denied by
the responses of teachers, but they placed less emphasis on this view than on those tha.t em-
phasized mathematics as a way of thinking and as problem-solving. On the contrary, in the
interviews the teachers were very modest about their own ideas and rather en.’lphasme_d th?
traditional features of their teaching. Perhaps it is so that traditionality is some km_d of ’virtue
in mathematics (for the older generation) while introducing innovative thoughts is not so de-
sirable. The social environment of the school or teacher unit might act as a filter.
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Third, some changes in teachers’ belief profiles may be the result of changes in the curric-
ula or in teaching arrangements.

Fourth, the interview data was important when relationships between beliefs and teaching
practices were assessed. For example, the practices which teacher L used were more versatile
than what the teacher questionnaire could reveal. In the author’s opinion these four teachers
had their belief systems quite well in balance with their teaching practices. They were very
experienced and now they had self-confidence and courage to do things partly in their own
way. They had freedom in their teaching.

Fifth, the different methods complement each other. On the basis of one method you can
often make too simple and too strong conclusions. The questionnaire data makes it easier to
do “erroneous’ interpretations at least for two reasons. The first is the fact that teachers want
to give desirable answers, if somebody outside the community asks the questions. Also the
point of view can be different. In the interview you can also get important information which
you have not asked at all. This is not possible when using just the questionnaires.
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Sinikka Lindgren

Prospective Teachers’ Math View and
| Instructional Practices

| An Analysis of Four Cases

Background

The study at hand is a longitudinal research effort. The main target group is the prospective
elementary school teachers at the Department of Teacher Education of the University of Tam-
pere. My intention has been to follow the target group through the phase of teacher education,
during lessons, exercises, and teaching practicum, and during their first year of teaching on
the field after graduation from university.

I understand an individual’s mathematical beliefs to be composed of his or her subjective
implicit knowledge on mathematics and its teaching and learning. Conceptions are conscious
beliefs. The beliefs - conscious and unconscious - can be seen as a belief system. (Torner & ;
Pehkonen 1996, Lindgren 1995.) In an effort to achieve school reform we need to focus our ‘
attention on the belief systems of teachers and teacher candidates. It is also important to un- :
derstand the structure of beliefs and their birth and development.

In my earlier reports I have reported theory and data concerning the structure of beliefs and
conceptions on teaching mathematics. [ have been using data gathered in Tokio in fall 1991
(n=101) and data from my own students at the University of Tampere (n=163). I have used
both a quantitative and a qualitative approach. My study has been principally based on the
theories of Thomas Green, Alba Thompson, Paul Ernest, Alan Schoenfeld, and Kuhn & Ball.
(See Lindgren 1995, and 1996.)

Method and procedure

In the task to assess the prospective teachers level of development on beliefs about teach-
ing mathematics I have been using the theory of Thompson. Her framework consisted of three
levels. At each level specific features can be distinguished in relation to the following ques-
tions (Thompson 1991):

What is mathematics?

What does-it mean to learn mathematics?

What does one teach when teaching mathematics?

What should the roles of the teacher and the student be?

What constitutes evidence of student knowledge and criteria for Judging correctness,
aceuracy, or acceptability of mathematical results and conclusions?

P e
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In my factoral analyses I found to some extent corresponding dimensions with Thompson’s
levels 0, 1, and 2. In accordance with the items which formed these factors I named these di-
mensions as new variables: level RR (Rules and Rutines), level DG (Discussions and Games),
and level OA (Open Approach). In the questionnaire each item was scaled from 1 to 5, where
5 meant full agreement with the proposal of the item. For each student the values for the lev-
els RR, DG, and OA were obtained by counting algebraically the means for the items that
formed the certain level. The values of these means were then standardized.

On the basis of frequency analyses of these three variables from the whole target group the
level DG could be seen as divided to three parts: levels GR, GRO, and GO. The part GR
(Games and Rules) overlaps with level RR, the part GO (Games and Openness) with Level
OA, and GRO is their conjoint area. Thus GRO stands for a situation where the teacher si-
multaneously supports the methods of games, rules and routines, and open approach. Thus
there are five categories. (See illustration in Lindgren 1996.)

In this part of my study I want to find information on the question: What is the relation
between the prospective teachers' professed beliefs and observational data as the students en-
counter teaching practicum?

In order to answer this question, 12 students were selected from my first target group of 72
students for a closer follow-up. I had been teaching these 72 during their first year in teacher
education, both basic courses in mathematics and mathematics pedagogy. They had com-
pleted the Likert type questionnaire twice: at the beginning of September, 1993 and at the end
of April, 1994. The 12 were selected on the basis of the results of the answering of the ques-
tionnaire and a math exam during their first academic year. In the second year of the teacher
education program these 12 had been interviewed with special attention to their educational
memories (See Lindgren 1996). Lessons including their teaching practicum had been video-
taped. On the ground of the values of the new variables (RR, DG, and OA) and on the inter-
views and my evaluations of the practicum lessons 11 of these 12 students could clearly be
grouped into one of the five categories named above (in one case all of the three variables
were clearly under the mean). In the following this indicator is presented in parenthesis for the
chosen cases.

Only six of the 12 held mathematics lessons during their fourth academic year in their final
teaching practicum. Again they completed the questionnaire, now including four further open
questions. One of the three or four math lessons which I have been listening has also been
videotaped. Their supervising class teachers were asked to fill in a questionnaire. When I
constructed this questionnaire I added to the above five questions by Thompson the sixth
question: What is problem solving? This question is also included in the table about the de-
velopment of beliefs about teaching mathematics designed by Erkki Pehkonen. (See
Pehkonen 1994, 64.) Each of the six units thus obtained included six statements referring to
Thompson’s levels 0, 1, and 2 (marked with 1, 2 or 3 stars respectively in the table). The
teacher was asked to choose two of these statements which best fitted to the practicing stu-
dent’s view of mathematics and teaching mathematics. The best choice was asked to be
marked with number 1 and the second best with number 2. At the end there was an open
question regarding the supervisor’s general view of the student. When the sum of the attained
points from each unit were divided by two I obtained a measures for the openness of the pro-
spective teacher’s instructional practices, IP. In the following tables the means of IP for the

six units for each case is presented.
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A QUESTIONNAIRE TO THE SUPERVISING CLASS TEACHER
OF THE PRACTICING PROSPECTIVE TEACHER

For each unit mark the best choice with number 1 and th i
1 VAR AT A S e e second best with number 2.

e P appreciates “everyday math” | i.e. MA is useful knowledge in practical activities (*%
__MA is an interesting and a challenging subject.(***) '

__ Rules and routines are essential in MA.(*)

__ Ma i§ processes, generalizations, and perception.(***)

__ MA is learning and understanding of concepts.(**)

__MA is finding the right answer.(*)

2. MATHEMATICS TEACHING
_ PT uses manipulativ?s him/herself and lets the pupils sometimes use them.(**)
__PT allows every plupzl to take part in the development and formalizing of MA (***)
o ]I;E places emphasis on the learning by heart of rules and routines.(*)
— 1 encourages the pupils to find their own solutions and to debate on i i
- the different ek
__ PT concentrates on covering the contents of the book in order.(*) RO

__ PT wants to make the study of MA fun by using games, a variety of manipulatives and other materials.(**)

3. LEARNING OF MATHEMATICS

o Leam?ng MA is understanding MA.(**)

o I]jteam}ng MQ .is the solving of MA problems neatly. (*

__Leaming 1S to invent and assess mathematical process izati R
o Leam}ng of MA manifests itself in the quick ﬁnding of theesoi?gc%zzfgiiléiazlc;ns.( :
o Leam;ng of MA is to memorize rules and routines.(*) |
__Learning of MA is the pupil’s autonomous thinking and assessing.(***)

4. TEACHER’S ROLE

__ Maintainer of discipline and good order.(*)

__ Supportive supervisor of pupils’ autonomous thinking.(***)
- Manager of pupils’ work.(**)

__ Listener to pupils’ ideas/proposals.(***)

__ Interpreter of rules.(**)

__ Demonstrator of the right method to solve a problem.(*)

5. EVALUATION OF THE LEARNING PROCES
S AND LEARNI
__ The teacher tells/shows the correct answer.(*) R

—_ The pupils are responsible for the accuracy of the solutions.(**)

—_ The pupils are allowed to discuss what is correct or incorrect in MA (*Ex)
__ PT always checks the pupils® work.(*) '

__PT appregiates more a good process than a correct answer,(***)
—_ The teaching has been successful if the pupils have understood the matters in hand.(**)

6. WHAT IS “PROBLEM SOLVING”,

__ Doing story problems.(*)

__Going through problem cards or duplicated copies.(**)

. A-lmost all work in the math class.(**%*)

__ Finding of right strategies or algorithms.(*)

A met}‘lod by which the pupil learns new mathematical contents, (***)

__ Sometimes the main object of the lesson, and therefore concrete problems are used.(**)

THE GRADING USED IN THIS EVALUATION SCALE:

(=>0p. (%) L=>3p, 2=>2p,  (¥4%) |. =>4, 2. =>4p.

Table 1. A scale for evaluation of instructional practices in mathematics.




- | Sinikka Lindgren

Before I looked at the supervising teachers’ evaluations I carefully studied the videofilm of
each student. To get a more precise view of the student teacher’s behavior and professed be-
liefs 1 had prepared an assessment scale for evaluation of a math lesson. This had the same
units as the questionnaire for the supervising teachers. For each unit the six items - somewhat
worked up - formed three bipolar axes. When I studied the videofilm I drew lines on the axes
referring to what happened, how intensively and how often. The line was scaled from 1 to 5.
Through counting the means for each unit and the whole scale I got a measure for the stu-
dent’s instructional practice. This value of IP is marked in the following tables in parentheses.
It was quite astonishing how close these values came to the IP values attained from the super-
vising teachers’ evaluations.

Results

In this short presentation I restrict my attention to four cases. They are not particular com-
pared with the other students. As all the 12 have been given the questionnaire for the third
time I give a more complete analysis of the changes in their evaluated levels on teaching
mathematics in a later presentation.

I begin the portrayals with short descriptions of some educational memories of the math
teachers of the case. After each name in parenthesis there are the z-values of the variables
OA, DG and RR from the second measuring (1994). The following tables present the raw
values of the same variables. Thus it is possible both to get an idea of where the student
stands in relation to the whole target group and to assess the development of these variables
during the four years of teacher education.

The last math grade in upper secondary school is also included in the parenthesis. The ab-
breviation Ex. means that the case completed the extensive course in mathematics. The last
letters stand for the evaluated level of the development of beliefs and conceptions on teaching
mathematics as it was evaluated in fall 1994. As can be seen in the tables since that year there
have been changes: a clear decrease in the agreement of the RR method and for Eva and
Greetta an increase in the appraisal of the OA method.

In the last column of the tables there are the evaluations of the instructional practices, IP,
both the one made by the supervising teacher, and the one I attained through the videotape
analysis of one lesson. After the tables there will be the answers obtained from the question-
naires of 1997 to the following two open questions:

1. How do you know that your lesson has been a good one?
2. What does it mean to “teach mathematics™?

Then there are some reflections which can be found in the student teacher’s portfolio in
their evaluation of their final practicum. Finally follow my own comments.

1. Eva ( -.68, .63, .15, Ex. 7), GR

In the primary school we only calculated, and calculated the problems from the book. Then
for a period I felt math was really difficult. At the lower secondary school I liked better math.

1) Pupils have been working eagerly and actively getting into the matter. The objective of
the lesson has been learned well on the average.

2) It is getting into the matter together with the pupils taking into account their level of
attainment and their needs.
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Eva 0A DG RR P
1993 4.00 4,25 3.17 3.3
1994 4.13 4.00 3.00 (3.2)
1997 4.50 3.50 2.83 .
Table

2. The instructional practices in 1997 and the development of Fva's beliefs.

Reflections:

thriuwle:ntt;d. to make the math period a comprehensible whole where children learn things
. f[d eir own concrete working. ... I tried to get the things close to everyday life, so that
¢ children would get an idea of why the learning of these things is important. ’

Comments:

. Eva’s latest OA value was quite high and the RR value low. Th
ing the four years. It seems obvious that she has risen
knowledgc_a might not be as good as for the other female
affect her instructional practices.

e DG value decreased dur-
to the level OA. Her mathematics
teachers presented here. It seems to

2. Greetta ( .40, .63, .50, Ex. 8), GRO

My primary school teacher was really frightening. He was an old man who did not spare us
math. We did routine problems, nothing was demon-

lessons.
Greetta 0A
DG RR
1993 3.88 3 -
. 75 3.50 4.0
1994 4.25 4.00 3.17 (3‘8)
1997 4.50 3.50 2.83 .

Table 3. The instructional practices in 1997 and the development of Greetta's beliefs

' 1) The pupils are
Jun” have been heard,
2) It‘ is helping the pupils. It is to
all pupils get fitting challenging tasks
Reflections:

contented, eager, and somebody wants to do extra. Comments “This is

make easier/complicate the problems in such a way that

Math is a fairly clear subject to teach. To hold a routine less
more what Sinikka calls “Guided discovery”. How can I
the weakest pupils? I have learned very
differentiate my teaching to individuals.

Comments:
Greetta held very good lessons. It is oby

Crease in her OA value was very high and
Was one of the highest. She was very enthusi

ious that she has grown to the leve] OA. The in-
the. IP measure given by the supervising teacher
astic about teaching mathematics.
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3. Ian (.95, .20, 2.28, Ex. 6), GRO

s the headmaster, and a very busy man, he gave us the
problems, and then came o check if they were done. We proceeded precisely according to the
text of the book. My lower secondary school teacher was more demanding. | think his disci-
pline was too strict, and thus embittered the pupils’ attitudes towards math.

My primary school teacher wa

Tan 0A DG RR P
1993 4.63 3.75 4.00 28
1994 .88 3.75 4.00 2.7
1997 413 3.00 317

Table 4. The instructional practices in 1997 and the development of lan's beliefs.

1) The pupils are concentrated on getting into the matter and the lesson does seem to end
all too soon. The pupils will come back later to the themes dealt with, e.g. during the recess.
2) To stimulate the pupils’ brains to work on mathematical problems and solve them with

good reason and perseveringly, alone and together.

Reflections:

I found the lesson successful when the orient
the point. ...I tried to use teacher-centered meth
as I myself and the pupils were concerned. After
feed-back 1 received, I directed my efforts toward
pendent work of the pupils was amazing in the sense 0
trated on their work.

ation for the objective was easy to give and to
ods, but they proved really paralyzing as far
this, based on my own experience and the
more pupil-centered methods. The inde-
f the intensity with which they concen-

Comments:

The class where lan was teaching was quite a d
problems. But he was very enthusiastic about teaching mathematics and always wanted to do

his best. I think that the decrease in the OA value depends on these problems. While the later
OA value is below the mean and the RR value quite high (over the mean in respect of the sec-
ond measuring) I conclude that he is still on the level GRO. The IP value given by the super-

vising teacher is one of the lowest.

ifficult one. Ian clearly had some discipline

4. Laura (.13, -1.5, -.21, Ex. 10), OA

e only good memories. I had several teachers - an old lady, a
young female prospective teacher, a preoccupied man - the best memory is that I once was
allowed to teach the rest of the class. In the upper secondary school 1 had a very good

teacher. His personality was great, and he used all kinds of experiments.
1) The objectives set for the lesson were attained: the pupils had learned what they were

supposed to and they had experienced “the joy of learning” as they had been able to solve
problems that were an appropriate challenge for them

From the primary school I hav

Laura 0A DG RR Vid
1993 4.88 3.25 2.83 3.5
1994 4.63 2.75 2.83 (4.4)
1997 4.50 4.25 3.17

Table 5. The instructional practices in 1997 and the development of Laura’s beliefs.
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2) The teacher hel i
ps the pupils to realiz
ors bt : e, to learn and to a ‘ :
s bringing the subject matter as close to the pupils’ own expgfil;lzgglg: X ma'tll;llemaucal e
possible.

Reflections:

[ set as m ] :
with my teaclzifgaBt;litoiSioum Incorporate and apply the principles of constructivism al
leiotiizde and thlat S r;lctmsmhl understand that teaching is based on the pupils’ ; (13_113

; close to the pupils’ own . _ earlier
to find out what is the relationship between, on t}::()cr)lr?eo}f excliJ et i
games and playmg, and, on the other hand, mech o
most effective and motivated. ’

e .. I hope
. ind, practicing with the help of
anical practicing, in cases where learninpé 1s

Comments:

Mostly Laura’s lessons w
: ) ere very good. Someti o
teaching a . etimes she had discipl
o grega ; a\{f;r;}; :lfﬁ?]u“ multi-grade class. Anyway her enthusiasm lfI;r]r‘:: plrf‘)blems' e s
r reflections about her teaching were most profound and ilclr:)ng }inatl'lematlcs
ugh-going. The

increase in the RR value can be und
: : erstood by th 1
plains the fact that she did not get the highest }IIP veaggsblems e n iy g sl il g0

Summary

According to Paul Ermnest there are t

mathematics teaching: hree key elements that influence the practice of

. l . .
] . . l l

° the s',ocial context of the teachin
ties 1t provides

the teacher’s level of thought processes and reflection

g situation, particularly the constraints and opportuni-

Figure 1. A s ]
ummary of the instructional practices of the presented cases
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According to him these factors determine the autonomy of the mathematics teacher and the
outcome of his or her teaching. (Ernest 1989.) While following the intructional practices of
above presented prospective teachers I could mirror the relevance of these Ernest’s factors. In
order to get a clearer view of the positions concerning the beliefs and instructional practices of
the cases I have illustrated the above Ernest’s key elements as three partly overlapping circles.
As one of the individual’s mental schema is his or her knowledge of mathematics, I have de-
picted it over the circle of mathematical beliefs.

Using the values of the variables OA, DG, RR, IP (Tables 2-5) and the reflections by the
prospective teachers I evaluated the location of the cases as shown in the following design.
The area where all the circles overlap illustrates the most desirable situation in teaching
mathematics. In the drawing the circumferences of the circles illustrate the evaluated mean
values of the dimensions. The areas inside the circumferences represent values higher than the
means and areas outside the circumferences values less than the means. Of course this is a
very imprecise picture of the situation, but I think it helps to outline or assess how different
factors have influenced the observed instructional practices.
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Christoph Oster

Problem Solving Situations in Private Lessons
A Phase-Model

Introduction

In addition to my last presentation on the MA VI-worksho

€se activities. While talking nets of
; c
beliefs (see Pehkonen & Toérner 199

ut their experi-
opies of experi-
5, p.1) and sub-

o
=
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=
2
=]
o
=
)
o]
o

in taking private

lessons.

b) When I got marks between 4 and 5 j
did n'ot See any possibility of being suc
c) Private lessons aimed at
matical tests’

N grade 11.2, I at once ordere
: cessful on my own.
getting better marks, -

d private lessons, becayse I

The aims were better marks in written mathe-
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2. Quotations referring to deficiency in understanding

a) The problems are my gaps, a result from school lessons, where 1 did not get everything or did
not understand much.

~ b) From the beginning I did not understand differentiation.

c) 1needed help at home, because | did not learn successfully at school.

|

In the student’s opinion the causes of bad marks are the result of unsuccessful learning and
increasing gaps.

3. Quolations referring 10 causes of unsuccessful learning

a) A problem was the exchange of the teacher. The new teacher explained in a dif-
ferent way.

Student’s comments: Teachers’ explanations are often difficult to understand.
Explanations can be simpler. Students explain in a more relaxed way and I am
able to understand better.

© b) I am not attentive all the time, because the group is t00 big and

- in class it is often loud.

- in class we sit quite close together.

- the teacher is not able to care for everyone.

- The teacher cannot repeat explanations ten times.
¢) further aspects:

- ] have little mathematical talent, so mathematics has been no fun for me since
grade 6.

- I have less practice.

_ It is difficult for me to work continuously. J

Several kinds of disturbances in the process of learning seemed to be the causes of defi-
ciencies in mathematics.

From this point of view there are four individual sub-categories of disturbances experi-
enced during the process of learning:

e linguistic (way of explanation at school)

e communicational (in-class conditions and in-class behavior)

e affective disturbances

o personal deficiencies (poor conditions)

Obviously it is possible to transform the hierarchy of causes - as mentioned above - into an
individual model of aims in private lessons divided into 3 levels:
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level 1

get
better marks
in written tests

level 2
improvement of

the cognitive capability

e compensation for
- several kinds of in-class disturbances
- personal deficiencies and behavior at school

Figure |: Individual model of aims in private lessons.

A problem solving model' to the process coaching

phase 1 and the wished conditions of
H h | :
R Wkt C};. ase 3 (arrows A and B), the concept itself influences

. phasg before private lessons are ordered:
increasing problems in the process of learning
1. decision - problem analysis - plan

|

A
phase qf problem solving :
!ea{'mng at school and .
learnmg in private lessons ‘ MO O
2. decision - solution (?)

[ ;

(wished) phase: learning without private lessons

Figure 2: Problem solving model about coaching.
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i e just made
This model of problem solving is suitable to embed all other case-studies I have
is ‘ : ' o
about bad students’ behavior in connection with coaching

Summary |
1 is situati f learning
i i tiated concept of his situation o _

arded here had quite a differentiat limatieam 5

Flilhe St:ilccise n;nldrieti context. Based on the view of himself the stude}?t felt \:glpr\; S o
me}x}t .el‘l‘lezorig . eine Kette, die alles mit sich fiithrt) that drag§ e\;ler.yt tmg ba Stip-
" rcelligg the in't'erview as a whole it is possible to reconstruct this chain step by :

ga

1. lack of understanding at school
2. problems with homework

3. bad marks in written tests

4. ordering private lessons.

situation is regarded as fateful. The student felt inable to escape from this
m

The proble scription of his fate and part of his

fate. Moreover, the chain itself is the metaphorical de
mathematical belief system.

In his problem solving pr . T (s€
suitable tgol to destroy the chain, and this copceptlon is the hr‘eslf(‘);liﬁet ki vy
ienced in mathematical learning (see quotations above), which 1 p
ri

necessity of coaching.

References

. : ke
Glasersfeld, E. von (1997). Radikaler Konstruktivismus. Ideen, Ergebnisse, Probleme., Fra

furt a. M.: Suhrkamp. | | N
Groeben, N.(1988). Forschungsprogramm Subjektive Theorien. Tiibingen.

C. (1996). Causes of being bad in Mathematics as seen by Pupils o_f t};eb(‘j’?;g?}](}g’rﬂg:
OSter" . In E Pehkonen (ed.), Current state of research on mathemarlc‘{ij be s O.f i
voudines of i K Teacher Education, Unive -
] - kshop, Department of Tea
ceedings of the MAVI-3 Wor

sinki, August 23-26, 1996, p. 59-64.
O Mathemat
Pehkonen, E. & Térner, G. (1995). | Eal
Teaching and Learning of Mathematics. In: Torner,

thematical Beliefs. he MA :
ngé\iﬁis (Ie\/Iathematik. Gerhard-Mercator-Universitdt Duisburg, Nr. 310.

I i ing for the
ical Belief Systems and Their Meaning
T G. (Hrsg.), Current State of Research

Proceedings of the MAVI Workshop Schriftenreihe des Fach-

|

Beliefs of Mathematics Professors on Teaching Mathematics in School 91

Erkki Pehkonen

Beliefs of Mathematics Professors on Teaching
Mathematics in School

1. Background

In order to understand teachers’ performance — also university professors’ performance, it
is helpful to know their beliefs. An individual’s beliefs conduct his performance and filters his
observations. Therefore, beliefs are the paramount interesting research object. In order to de-
velop teacher training, one should find out the belief systems of teacher educators.

1.1 Definitions for some concepts

Here, I will use those definitions for the basic concepts which are dealt with in detail in our
earlier published papers (Pehkonen 1995, or Pehkonen & Térner 1996): I understand beliefs
as one’s stable subjective knowledge (which also includes his feelings) of a certain object or
concern to which tenable grounds may not always be found in objective considerations. Then
I will explain conceptions as conscious beliefs, i.e. I understand conceptions as a subset of
beliefs. An individual’s view of mathematics is a wide compound of his beliefs and con-
ceptions.

In some cases, persons may not be able to describe their view of mathematics or some
parts of it. But they might have some kind of preconceptions or images on the topic under dis-
cussion. The object of an image can be a thing or a person or both. For example, Clandinin
(1986) defines it, as follows: “Image is a way of organizing and reorganizing past experience,
both in reflection and as the image finds expression in practice and as a perspective from
which new experience is taken. Image is a personal, meta-level, organizing concept in per-
sonal practical knowledge in that it embodies a person’s experience; finds expression in prac-
tice; and is the perspective from which new experience is taken.”

2. Realization of research

This is a part of a larger research enterprise “Pupils’ mathematical beliefs” supported by
the Finnish Academy which enterprise aims to improvement of mathematics teaching in the
upper level of the comprehensive school (13-15 years-old pupils). In the research enterprise
in question, we will restrict ourselves in improving mathematics teaching within the frame-
work of beliefs. An individual’s mathematica] beliefs forms a regulating system for his
math€matical knowledge structure. In order to be able to improve teaching, it is of paramount
importance to inquire information from this regulating system and its function. Only thus we
might be able to understand the determinants of mathematics teaching in school.
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2.1 Research questions These research units with the code i
_ e in brackets of the person i

The purpose of this research is to find out what kind of mathematical beliefs are submitted anew file, P stated it were collected to form
to teacher students during their university studies at mathematics departments. The teachers of The research units were printed, cut into pieces and physically classified i
mathematics courses are naturally in the key position. Since it is not possible to investigate i Thfough ordering the research units within each interviewy u Sfl ied Into groups.
mathematics views of them all, we decided to restrict here on leading mathematics professors. 1deas behind the research units were found. Thus, the “messages”qof fh?p,tthe. Zroups -or the

’ interviews emerged.

Thus, we wanted to clarify:

What kind of beliefs do mathematics professors have on mathematics and its learning and 3
. Research results

teaching?
What kind of beliefs do mathematics professors have on teachers’ view of mathematics and In Table 1, there is the distribution of th _
its improvement? tions of research question (B) © research units according to the inferview ques-

What kind of beliefs do mathematics professors have on student teachers’ view of mathe-
matics and its improvement?

Since this paper is the very first one from the research project, we will take only one re- : : P L ST
search question under considerations. We will restrict ourselves to the research question (B). interview question @ = emarics
frequency of research units 36 ©) ©)
2.2 Practical realization 30 2%
In May 1996 seven mathematics professors from five Finnish universities were inter- Table 1. The distribution of research units according to the intervi ;
viewed with the method of theme interview. These professors are in their departments respon- within the research question (B). emledEquettians (-ty
sible for education of mathematics teachers. The mode of interview was the so-called theme
interview (e.g. Hirsjarvi & Hurme 1995), in order to get the most free style of narration. ~ Through classifying research units within each intervi '
When using a narrative style of interview, the outcome of beliefs was more probable. into which the ideas (research units) were clustered ”11"-}\;16“; question | was:ableto find groups
The length of each interview was about sixty minutes. All interviews were recorded on a 1’65‘3_511’(11‘1 question. In the interviews, the real (4) anci id U? Scou'ld e
video tape. To the interviewed professors, the themes (the main questions) of the interview to differ from each other; and then ask for methods of 9% &)riewolamatiamelivs wersticl
were told in advance in phone, in order they were able to accommodate themselves to the [ am compelled here to restrict my considerations tlmirovement (6). For the lack of space,
forth-coming interview, as well as in the beginning of the interview. mathematics, i.e. to the interview question (4) 61 WiB LITSL DF U4E professons” s iof
For each research question, I have generated three interview themes. For the research 31 R . '
question (B), i.e. feachers’ view of mathematics to which we will here restrict ourselves, the . T eal view of mathematics
following three themes were attached: 1e central ideas (36 research uni — ,
What kind of view on mathematics and its learning and teaching do mathematics teachers ematics professors to the questio;l “I‘E\Sf)h;)f lt<}11§dr e::)st}3 onses given In the interviews by the math-
have? | | . . | . teaching do mathematics teachers have?” might b‘;le‘;zsﬁn mathematllcs and its learning z_md
What kind of view on mathematics should they have, in order it would be optimal from the groups (the response frequency in brackets): y aranged. nte the five following
view point of school teaching? teache